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C H A P T E R 1 - E X E C U T I V E S U M M A RY
BACKGROUND AND OVERVIEW

Small quantities of antimatter have enormous potential in a variety of space, medical, and sensing
applications. In particular, it has been suggested that tens of nanograms to micrograms of
antiprotons can be used to catalyze nuclear reactions and propel spacecraft to velocities up to
100 km/sec. This is well beyond the capability of traditional chemical propellants and opens up new
exciting options for space exploration. Larger supplies of antiprotons would eventually enable
spacecraft capable of relativistic velocities. The revolutionary potential of this technology is due to
the fact that antiparticles release an enormous amount of energy when they come into contact with
regular matter. The energy density is two to three orders of magnitude higher than nuclear reactions
and nearly ten orders of magnitude greater than the best chemical propellants used in spacecraft such
as the space shuttle.
However, the intrinsic advantages of antimatter have not yet been realized due to the inherent
limitations associated with the production and storage of antiprotons. Currently, high energy particle
accelerators used for physics research provide the only controllable supply of antiprotons. The
generation and trapping of the antiparticles is an extremely inefficient process with limited
throughput since it relies on extracting the particles from sub atomic collision debris. The generated
particles must be stored in a high vacuum environment and levitated in magnetic and/or electric
fields to avoid having them contact standard matter. The worldwide output is currently in the low
nanogram per year range at an estimated cost of up to $160 trillion per gram with additional
overhead for infrastructure and personnel.
BESS98

Antiproton Flux (1/(m2 sr sec GeV))

In comparison, high energy galactic cosmic
CAPRICE98
BESS95+97
rays (GCR) bombard the upper atmosphere of
MASS91
planets and material in the interstellar medium to
CAPRICE94
naturally generate antiparticles through pair
IMAX92
BESS00
production.
The antimatter is created by
AMS98
converting the kinetic energy of the incident
GCR particle into mass during a high energy
collision with another particle. Orbital and high
altitude balloon measurements have confirmed
the fractional existence of antiprotons in the
normal background of ionizing radiation. (Figure
1) The GCR background represents a nearly
infinite source of antiprotons though the natural
Energy (GeV)
flux is extremely low, making it difficult to
Figure 1 – Measured GCR antiproton spectrum.
collect a large number of particles with
(Picozza and Morselli, 2003)
conventional systems. However, the properties
of the natural environment surrounding planets with magnetic fields can generate much larger fluxes
as the particles interact with the magnetic field and atmosphere.
There are four fundamental processes that can cause antiprotons to be concentrated in or around
planetary magnetic fields. They are:
•
•
•
•

Cosmic Ray Albedo Antineutron Decay (CRANbarD)
Direct pair production and trapping of antiprotons in the exosphere
Transient GCR focusing
Artificial augmentation
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During this phase I study, the efficiencies of each of these processes were evaluated to determine the
overall effectiveness of generating high fluxes of antiprotons near planets. A subset of these
processes can also occur at other locations in the solar system (e.g. comet tails) to locally increase the
antiproton flux well beyond the natural GCR background. The potential natural supply of positrons
was also evaluated. Ultimately, these natural fluxes can be concentrated and the antiparticles trapped
for use in space propulsion and/or other innovative applications.
The proposed collection system employs electric
current flowing through one or more rings made
from high temperature superconductors. The current
loop induces a magnetic dipole moment which can
influence the trajectory of a charged particle over a
very large spatial extent. This is the basic premise of
the Bussard magnetic scoop first proposed for
interstellar travel. However, our concept is to use
the system on a spacecraft in an equatorial orbit to
direct and then trap antiparticles trapped in the
radiation belts as they bounce between their mirror
points in the Northern and Southern hemispheres.
The magnetic field induced by the concept shown in
Figure 2 can be used to first concentrate the
antiparticles and then to store them within the minimagnetosphere formed around the spacecraft. The Figure 2 – Artist’s concept of the proposed collection
system formed of superconducting rings.
same field can also assist in directing ejecta products
from the propulsion system and to partially shield equipment or astronauts within the vehicle from
external radiation sources.
IN SITU PRODUCTION AND TRANSPORT

A natural antiproton radiation belt can be generated in a manner analogous to the traditional Van
Allen radiation belts which surround the Earth. The high energy portion (E>30 MeV) of the proton
belt is primarily formed by the decay of neutrons in the Earth’s magnetosphere. The GCR flux
interacts with the planet’s upper atmosphere to
release free neutrons with a half life of just over 10
minutes. A fraction of these neutrons travel back
into space (albedo) and decay into a proton, electron,
and an anti-neutrino while still within the influence of
the magnetosphere.
The magnetic field of the planet forms a bottle to
stably hold the protons and electrons from the decay
process. If the trajectory of the ejected proton from
the decay process is outside of the planet’s loss cone
for magnetic confinement, the proton will be trapped
on the magnetic field line (L-shell) on which it was
formed. The periodic motion (Figure 3) is explained Figure 3 – Motion of a charged particle trapped in a
by the Lorentz force which causes the particles to
planet’s magnetosphere.
spiral along the magnetic field lines and mirror
between the North and South magnetic poles. In
addition, the particles have a slow drift motion around the planet. As particles are lost through
diffusion and loss processes, new ones are generated to maintain a quasi-static supply trapped in the
near dipole field of the Earth.
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The interaction of cosmic radiation with
the upper atmosphere also produces
antiparticles from pair production. Figure 4
shows computer simulations of the nuclear
transport
phenomena
that
generates
antineutrons from the incident particle flux.
The produced antineutrons follow a trajectory
primarily along the path of the original cosmic
ray, but can be backscattered after interacting
with the atmosphere.
These albedo
antineutrons decay in a manner similar to the
regular neutrons. However, the antineutron
will decay into a positron, antiproton, and
neutrino and therefore acts as a supply for the
antiparticle radiation belts surrounding the
Earth. The physics that govern the trapping Figure 4 – Production spectrum for antineutrons generated
in the Earth’s atmosphere.
and motion are identical between the particle
and its antiparticle counterpart with the
exception that the antiparticle with the opposite charge will spiral and drift in the opposite direction.
The residual atmosphere of Earth extends thousands of kilometers from the planet. The trapped
antiprotons can annihilate with these atmospheric constituents, especially at low altitudes where this
becomes the primary loss mechanism. Figure
5 shows the estimated loss rates for particles at
several energies as a function of its altitude. At
radiation belt altitudes, this loss rate is
extremely slow enabling a large supply of
generated antiprotons to be built up relative to
the source flux.
Figure 6 shows the estimated flux of
antiprotons
trapped
in
the
Earth’s
magnetosphere due to the CRANbarD source.
The values were determined by combining
empirical models of the proton belt and
normalizing it by the estimated antiproton to
proton ratio for the source function.
Computer modeling of the production of
Figure 5 – Fraction of antiprotons lost per second due to
albedo antineutrons relative to albedo
annihilation with the atmosphere. (Earth)
neutrons yielded an energy dependent ratio of
1 antineutron for every 105 to 109 neutrons.
Based on this and the subtraction of the solar proton contribution, the antiproton content of the
Earth’s magnetosphere from this effect is estimated to be between 0.15 and 15 nanograms. This is
replenished every few years.
Antiprotons can also be directly trapped after pair production in the exosphere. However, there
is a fine balance between the generation and loss processes. Unlike the neutral antineutrons which
can travel unimpeded through the magnetosphere to decay somewhere deep in the radiation belts,
antiprotons are immediately trapped along the L-shell where the pair production took place.
Therefore, most of the antiprotons will be produced deep in the atmosphere where loss rates are
high thereby yielding a negligible trapped flux. Loss rates are lower at higher altitudes but there is
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less source material (atmosphere) which
results in a low interaction cross section
for pair production. The peak production
and trapping occurs at an altitude of
approximately 1200 km (L=1.2).
The total antiproton content of the
magnetosphere is relatively low due to the
inefficiency of the antineutron backscatter
process as derived by a slab model of the
nuclear transport phenomena.
The
predicted flux is very sensitive to the input
parameters which may have resulted in an
estimate that is too conservative. The
influence of incident GCR protons which
strike the atmosphere at a grazing angle
Figure 6 – Estimated antiproton flux around Earth.
(and are therefore not modeled) will be
more efficient at generating viable
antineutrons since they do not have to go through the full backscatter process to travel through and
decay in the magnetosphere. A full source, loss, and transport analysis for antiprotons should be
completed in the future.
The strong magnetic fields and large size of the Jovian planets in the outer solar system make
these bodies far more efficient at generating and trapping antiprotons. A series of basic
extrapolations of the source functions were used to estimate the relative antiproton content of the
outer planets. The antiproton source is stronger relative to Earth since the loss cone is reduced
allowing a larger fraction of the decay products to be trapped; the much larger magnetosphere
increases the time of flight through the trapping region, allowing far more of the antineutrons to
decay within the magnetosphere; and the
larger surface area and other production
targets (rings, etc…) can produce a greater
number of pair produced antiparticles.
Surprisingly, Jupiter was not found to
be the best source of antiprotons in the
solar system. Even though it is the largest
in terms of size and field strength, the
magnitude of the magnetic field shields
much of the atmosphere from the GCR
production spectrum which reduces the
overall effectiveness of the process. In
comparison, a larger portion of the flux
reaches the atmosphere of Saturn. In
addition, antineutrons are copiously
Figure 7 – The largest antiproton source in the solar system.
produced in the rings of the planet which
(Cassini radio occultation experiment)
do not need to be backscattered to yield
stable trapping. Therefore, Saturn likely
has a stable antiproton population of hundreds of micrograms based on extrapolations from the
conservative Earth estimate. A full radiation belt model of Saturn system with antiproton generation
and loss sources needs to be completed to more precisely determine the fluxes.
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The background GCR flux can also be
concentrated by a planetary magnetic field.
On a yearly basis, approximately 4 grams
of antiprotons will impinge on the
magnetosphere of the Earth and nearly 10
kg will pass through the magnetosphere of
Jupiter.
Simulations of the motion of
these particles (Figure 8) were completed
to determine how effectively the planet
could help concentrate the particles and
improve the efficiency of collection. It
was found that static magnetic fields
provide a one half to one and a half order
of magnitude increase in flux relative to
the background near the magnetic poles of
the planet. This is valuable though placing
a spacecraft in an orbit optimized for such
Figure 8 – Example GCR antiproton trajectory through the
collection may not be practical since it will
Earth’s magnetosphere.
spend much of its orbit passing through
equatorial regions where the flux is lower.
A spacecraft optimized for collecting trapped fluxes in equatorial regions is likely to be more practical
though the total supply is limited by the source function. Of more interest is the hint that quasistable trapping of incident GCR antiprotons may be possible due to minor energy degradation in the
magnetosphere. This could potentially happen naturally (unlikely) or be induced artificially by
degrading the incident particle’s energy with RF or electric fields.
The magnetosphere of the Earth, or a miniature version created via artificial means around a
satellite in orbit, could efficiently hold antiprotons that are generated artificially by a particle
accelerator placed in orbit. Production in the space environment offers an intrinsic advantage for
space exploration since the particles are generated and stored in orbit, therefore mitigating the need
to transport them from the ground in bulky and heavy traps. A generator system placed in orbit will
be far more efficient at collecting the antiparticles since the natural radiation trap will capture a wide
angular distribution and energy range with minimal complexity. In a departure from convention, the
large storage volumes enable the generator to be placed within the trap. This is a very efficient way
to trap nearly all of the generated antiprotons. A 100 kWe generator would produce approximately
10 micrograms per year. Scaling this to a 1 GWe power source would enable nearly 100 milligrams
of antiprotons to be produced per year. This level of antiproton generation is sufficient to enable the
first interstellar missions to nearby stars.
COLLECTION SYSTEM

In the phase I program we have evaluated the efficiency and collection rate of a magnetic scoop
designed to extract large quantities of trapped antiparticles present in the natural space environment.
The principles of a magnetic scoop, first proposed for relativistic propulsion, have been adapted for
use on a satellite in a planetary orbit. Particles bouncing between mirror points near the planet’s
poles will pass through and be concentrated by the superimposed magnetic field. Near the throat of
the collection device, the particle energy can be degraded or electric/RF fields can be used to transfer
the incoming particle onto a closed field line of the device. The antiparticle can safely be stored in
this artificial radiation belt which forms in the space surrounding the exterior to the vehicle. The
radiation belts of planets successfully hold particles for periods of months to years and artificial
systems are also capable of providing long term storage stability.
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The magnetic dipole of the scoop is formed by generating high currents in superconducting
loops around the spacecraft. Incident antiprotons will follow the magnetic field lines to the throat
where they can be transferred to the closed external field lines where they are stored. Optionally, the
particles can be trapped in a magnetic bottle formed by the field lines on the interior of a two coil
configuration. The collection efficiency and rate are influenced by a number of internal and external
factors including the magnitude of the induced dipole moment (total current, number of loops, loop
radius), ambient field strength, incident energy spectrum, angle of incidence, and the trap location.
There are two fundamental processes that limit the ability of particles to enter the throat area of
the scoop. First, depending upon the initial trajectory of the particle, the induced magnetic field may
cause the particle to reflect away from the vehicle before it can be trapped. Second, depending upon
the trajectory and particle energy, the spiral radius for the incoming particles may be larger than the
entire collection system which ultimately eliminates the ability to influence the trajectory. Figure 9
shows the estimate collection rate based on these limiting factors as a function of the
superconducting coil radius based on the worst case GCR background flux.

Figure 9 – Antiproton collection rate based on the background interstellar GCR flux.
The potential collection rate with the GCR antiproton flux can be tens of micrograms per year
for some of the larger systems. Much smaller vehicles which are more practical from a total mass
and logistics perspective will likely work in the microgram per year range at these flux levels.
Operating the vehicle in regions with higher natural fluxes can significantly increase the overall
collection rate. In addition, operating the vehicle in the radiation belts where the characteristic
energy of the antiprotons tends to be lower will improve the collection efficiency. Ultimately, the
total amount collected will be limited by the available source of antiprotons locally contained within
the magnetosphere.
Several technology developments need to occur before the proposed collection system is feasible
at a large scale. In particular, the performance of high temperature superconductors must improve
substantially to reduce the coil mass to practical levels. The ability to produce long continuous
sections of the wire must also be demonstrated for a robust space qualified system. Improvements
in the ability to provide in orbit power are also essential, especially if artificially augmented systems
are desired and developed. Finally, improvements in passive cooling systems and a reduction in the
cost to orbit will help make the system more economically feasible.

10

C H A P T E R 2 - B A C K G RO U N D
UTILITY OF ANTIMATTER

The annihilation of antimatter with its normal matter counterpart liberates the total amount of
energy predicted by Einstein’s famous equation, E=mc2. As shown in Table 1, on a mass basis this is
about 1010 times more efficient than chemical reactions and 102 -103 times more efficient than nuclear
reactions. To put this in perspective, the annihilation of 1 kg of antimatter releases the energy
equivalent to 30 million barrels of oil.
The total worldwide energy consumption per year
corresponds to approximately 2200 kg of antimatter.
The extremely high energy content and other properties of antiparticles enable new applications
in both space and on the Earth. In particular, the annihilation of antimatter with its regular matter
counterpart enables extremely high performance space propulsion systems. As early as 1953, Eugene
Sanger [1] suggested utilizing positrons for propulsive applications. Beamed core antiproton
propulsion approaches the theoretical ISP limit of about 30 x 106 seconds. Compared to the best
chemical propulsion (ISP ~400 seconds),
Fuel
Energy Density (J/kg)
Notes
antimatter rockets have extremely good mass
5
Battery
Lithium
Ion
7.2 x 10
fractions due to the ISP influence on the rocket
7
LO
/LH
Chemical
equation. Schmidt et al. [2, 3] reviewed the
1.4 x 10
2
2
performance of several antimatter propulsion
13
235
Fission
8.2 x 10
U
methods in the context of aggressive
Fusion
DT
3.4 x 1014
interplanetary and interstellar precursor missions.
16
Antimatter
9.0 x 10
E=mc2
Antimatter
Catalyzed
Microfission/Fusion
(ACMF) requires only nanogram quantities of
Table 1 – Relative energy density of various systems.
antiprotons to achieve spacecraft ΔVs in the
range of 100 km/sec. Small scale thruster experiments with this technology are already underway in
another NIAC funded program [4]. This, along with other antimatter based programs, would
suddenly be enabled if antiparticles could successfully be created and safely stored for extended
periods of time in the space environment.
The high ΔV potential enables new classes of aggressive space exploration missions. Less than
10 micrograms of antiprotons are required to send a 100 metric ton payload on a one year round trip
mission to Jupiter. Similar class missions include fast trips beyond the heliopause (100+ AU) and to
the Sun’s gravity focus point (550 AU) which effectively enables the Sun to be used as a giant
telescope with unprecedented resolution. More traditional missions, such as those to Mars as
envisioned in NASA’s current vision for space exploration, are also improved substantially. For
example, a traditional low energy Mars trajectory entails an average one way flight time of
approximately 180 days while a 30 nanogram antiproton driven ACMF variant [5] would have a flight
time of about 45 days and also reduce the overall mass needed to be launched into LEO for each
mission.
New non-space applications are also enabled and have been proposed, provided antimatter can
be produced and collected effectively. One of the most promising applications is to use antiprotons
to image the interior of solids. Material properties and their distribution in the solid can be
determined by examining the annihilation products [6]. This has profound implications in both
medical diagnostics and homeland security. Also in the medical area, pictogram quantities of
antiprotons can be used to locally treat inoperable tumors [7]. Finally, from a pure science
perspective, improving the availability of antimatter will allow new experiments to be performed to
confirm theoretical predictions in atomic and gravitational physics.
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CURRENT PRODUCTION AND STORAGE CAPABILITIES

Currently, the primary source of controlled antiprotons is from high energy particle accelerators.
Both CERN in Switzerland and the Fermi National Accelerator Laboratory (FNAL) produce
antiprotons during the collision of high energy proton beams with a solid target. Resulting reactions
produce copious numbers of various particles through pair production. A small percentage of the
ejecta can be magnetically confined and focused to separate out the antiprotons which are then
decelerated and placed in a confinement ring for use in subsequent experiments.
At FNAL, approximately 107 antiprotons per pulse can be ‘stacked’ in the accumulator ring. At
present, 1011 antiprotons per hour can be produced for 4500 hours per year [3]. If the facility was
used to exclusively create and accumulate antiprotons, a total of almost 1 nanogram would be
produced over this period. A number of improvements have been discussed which could enhance
this by a factor of 10 or more by increasing the efficiency of the collection process. It has been
suggested that a dedicated facility could be built for $3-$10 billion (FY 1988) which could increase
production still further [8].
Schmidt et al. [2] discusses some of the fundamental energy cost constraints of producing
antiprotons in particle accelerators. Currently, only one in about 105 proton collisions produces an
antiproton which can be collected. Due to the energy requirements for accelerating the proton
beam, even with a wall plug efficiency of 50%, $0.10 per kilowatt-hour yields a net antiproton
production cost of $62.5 trillion per gram collected due to electricity costs alone. In another analysis,
LaPointe estimated the current electricity costs to be $160 trillion per gram. [9]
A number of alternative production capabilities have been proposed. Hora [10] and Crowe [11]
have suggested using high intensity lasers to produce antimatter. However, efficiently generating
laser pulses with sufficient energy remains an obstacle. Chapline [12] proposed using heavy ions
instead of proton beams to increase accelerator production, though the antiprotons are generated
isotropically making it difficult to collect the antiprotons from the ejecta debris. Cassenti [13] has
suggested redirecting pions generated during collisions, though this approach also suffers from the
difficulty of containing and redirecting the debris. These variations all have similar energy cost
limitations. LaPointe proposed using the Casimir force to suppress local vacuum fields as a means to
generate steep gradients required for antiproton production at a potential boundary [9]. However,
like the other techniques, it has not been demonstrated in practice.
After production in Earth based facilities, antiprotons must be stored in a high vacuum
environment and suspended in magnetic/electric fields to avoid losses due to annihilation with air
nuclei and the container walls. The long term storage of the antiprotons is limited by the hardness of
the vacuum since introduced particles will annihilate with antiprotons (or positrons) in the trap.
Currently, the most advanced portable trap (HiPAT) can in principle store approximately 1012 (~1
picogram) of antiprotons for days or more at a time by maintaining the trap at a temperature of 4
Kelvin. The storage density can theoretically be increased by forming electrically neutral antihydrogen atoms to address space charge and Brillouin trapping limits but this has not been
demonstrated at a significant scale. Recent discussion has also centered on using photonic bandgap
structures to store positrons by preventing excited positronium to decay to its ground state. It
remains to be seen whether this can be scaled to store large quantities of antimatter.
The original Penn State antiproton trap, capable of transporting 1010 antiprotons (~10
femtograms), was 100 cm tall by 30 cm across and weighed 55 kg fully loaded [14]. The system mass
to antiproton mass is therefore 109 kg/μg though it is unclear how, or even if, this can scale to the
nanogram to microgram class storage levels needed for space applications. The particles would need
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to be produced and then stored over a period of months to years without significant annihilation
losses. The ability to transport antiprotons (in their traps) generated on the ground into orbit
remains a serious obstacle even if ground based production can be scaled to much higher rates.
NATURAL ANTIMATTER PRODUCTION

High energy galactic cosmic rays (GCR) are pervasive through our galaxy and constantly
bombard the upper atmosphere of Earth with energies up to 1020 eV per nucleon. The exact nature
of the flux is uncertain, but the particles are believed to originate from events both in and out of our
galaxy. [15] Moskalenko et al. [16] provides an overview of GCR propagation in the context of
interstellar antiproton generation. The GCR flux can also interact with the Earth’s atmosphere to
locally produce antiparticles. [17] When a high energy proton strikes a particle in the interstellar
medium or in a planet’s atmosphere, its kinetic energy can be converted to matter when above the
energy threshold,

4⎞
⎛
Eth = m P ⎜ 2 + ⎟ ,
A⎠
⎝

Equation 1

where mp is the mass of a proton and A is the mass of the atmospheric or interstellar constituent
struck by the incident particle. (Appendix A provides a derivation of this quantity.) A proton-proton
reaction results in the two original protons plus a proton and antiproton generated through pair
production such that

p + p → p + p + p + p.

Equation 2

Likewise, an equivalent process can generate a neutron/anti-neutron pair. The antineutron
subsequently decays into an antiproton, positron, and neutrino with a half life of just over 10 minutes
in the reference frame of the particle.

Antiproton/Proton Ratio

The ratio of protons to antiprotons is an important measurement in the search for dark matter as
well as a number of other physical processes including bounding restrictions on the amount of
antimatter which can exist in the universe. As a result, a significant number of experiments have
been performed to measure the ratio between the natural proton background and the antiproton
flux. Over a period of several decades measurements have been made in high altitude balloons, LEO
satellites and spacecraft (including the space shuttle). Figure 10 and Figure 11 from Picozza et al.

Energy (GeV)
Figure 10 -– Measured Proton/Antiproton Ratio. (Based on Picozza et al.)
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Charge Ratio (e+/e++e-)

[18] summarizes the resulting measurements obtained. The antiproton/proton ratio is approximately
10-4 when integrated over the total particle population though there is a strong dependence on the
particle’s energy. A dependence on solar cycle is also seen. [19] Positrons contribute to nearly 10%
of the overall electron and positron flux.

Energy (GeV)

Figure 11 - Measured Positron Fraction. (Based on Picozza et al.)
MAGNETOSPHERIC TRAPPING

Charged particles moving in a magnetic field are influenced by the Lorentz force,

F = q (v × B + E )

Equation 3

where q is the charge, v is the particle velocity, B is the magnetic field and E is the electric field. The
path of antiprotons, positrons, and other charged particles will be heavily influenced by the magnetic
field of a planet. As described by Walt [20], the magnetic field potential of the Earth is,
∞

⎛R ⎞
ψ = RE ∑ ⎜ E ⎟
n =1 ⎝ r ⎠

n +1 n

∑ g (cos mφ + h
m =1

m
n

m
n

)

sin mφ Pnm (cos θ ) ,

Equation 4

where RE is the radius of the Earth, r,θ,φ are the position variables of the point being considered, and
the other terms are constants which represent empirically derived field parameters for the planet.
The lowest order, and dominant term, of the Earth’s magnetic field is a simple dipole.
When under the influence of the magnetic field, some fraction of internally generated
particles is properly aligned to become trapped in the magnetic field of the Earth. This is identical to
the normal trapping which occurs with protons, electrons and other nuclei to form the Van Allen
radiation belts of the planet. The trapped particles follow a trajectory which spirals around magnetic
field lines as shown in Figure 12.
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Figure 12 - Trapped charged particle motion in a magnetic field
The gyroradius, or the distance between the mean trajectory (guiding center) and the spiral radius is,

ρ=

p ⊥ m0 γv ⊥
=
Bq
Bq

Equation 5

where v⊥ is the particle’s velocity perpendicular to the mean trajectory and γ is the relativistic
correction factor for high energy particles. Particles of opposite charge will spiral in the reverse
direction of each other.
The particles are trapped due to the influence of a mirroring force as the particle approaches the
higher field strength near the poles. The mirror force,

Fz = −qv ⊥

ρ ∂B z

Equation 6

2 dz

is independent of the polarity of the particle’s charge and forces the particle to bounce between
mirror points in the Northern and Southern hemispheres. The pitch angle α,

tan α =

v⊥
v||

Equation 7

is modified due to the mirror force as it approaches the mirror point near the poles. At a pitch angle
of 900, the particle has been effectively repelled and bounces back to its mirror point in the opposite
hemisphere. The approximate bounce period for Earth,

⎛ R0
⎝ RE

τ b = 0.117⎜⎜

[

]

⎞1
3
⎟⎟ 1 − 0.4635(sin α eq ) 4 sec
⎠β

Equation 8

is a function of the equatorial crossing distance Ro, and equatorial pitch angle αeq, along with the
velocity relative to light, β. The trapped particles are slowly transported through various diffusion
processes (e.g. magnetic field fluctuations) [21] until a quasi-static balance between the source and
loss functions is ultimately reached [22]. The radiation belt can be described as a six dimensional
average phase space density (f) where the components represent the three position and three
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momentum values for the trapped particle population. The time evolution of the generated radiation
belts in phase space is described by diffusion coupled with appropriate source and loss terms such
that,

∂ ⎡ DLL ∂f ⎤
∂f
+ Sources + Losses ,
=
∂t ∂L ⎢⎣ L2 ∂L ⎥⎦

Equation 9

where L is the magnetic shell that the particle is traversing and DLL is the diffusion constant which
describes the radial diffusion of the particles due to the collective action of various natural
mechanisms operating in the magnetosphere. These combined processes produce a quasi-static
radiation belt of charged particles resident in the magnetic field lines of the planet. Barth et al. [23]
and Hargreaves [24] describe the pertinent models for the environment surrounding the Earth. The
empirically derived AP8 radiation belt model shown in Figure 13 gives the resulting fluxes expected
for protons trapped in the Earth’s radiation belts.

Figure 13 – Radiation belt proton fluxes (AP8).
Though traditionally the radiation belts are thought to be comprised mostly of high energy
protons and electrons, antiparticles which are otherwise identical aside from their charge, can also be
similarly trapped provided there is an appropriate internal source mechanism. The pair production
mechanism described in equation (2) can act as such a source to populate the belt with antiprotons
either directly or through antineutron decay. Given the fact that the AP8 radiation model predicts
about 2.5 kg (E > 1 MeV) of protons and about 9 grams of electrons (E > 100 keV), it would appear
that a large quantity of antiparticles are available for ‘mining’ assuming the ratio of antiparticles to
particles is similar to the GCR flux impinging on the Earth. Discovering the fundamental truth of
this statement is the primary motivation of this study.
CONCEPT VISION

A fundamental challenge still exists before trapped magnetospheric antiparticles can be utilized
for space propulsion. Though the density is higher than background levels, the particles contained
within the magnetic field are still extremely tenuous and must be concentrated in order to extract
them efficiently. In 1960, Robert W. Bussard proposed using a magnetic scoop to collect proton
fuel during an interstellar flight [25]. Calculations showed that a 10,000 km2 intake area could provide
1g acceleration up to relativistic velocities. Subsequent papers by Fishback [26] and Martin [27]
refined the performance based on improved assumptions and physical limitations. The fundamental
problem limiting this technology is the inability to create a sustained fusion reaction using the
interstellar flux without slowing the forward momentum of the vehicle.
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Here we propose to use a Bussard type scoop placed in an equatorial orbit to concentrate the
magnetospheric antimatter for collection. In fact, antimatter collection by interstellar scoops was
recently proposed by Semay and Silvestre-Brac [28] to improve the performance of interstellar ram
jets. The limitations of an interstellar jet are not relevant to planetary based antiparticle extraction
since the purpose is not to accelerate the vehicle or to directly induce a fusion reaction.
A magnetic scoop placed along the equatorial plane in the inner belt with an apogee of about
3500 km and a perigee of approximately 1500 km, will encounter nearly the entire flux of the
antiproton belt after repeated orbits. The vehicle motion of the interstellar ram jet is replaced by the
relative motion of the particles bouncing between mirror points in both hemispheres. Thus, this
configuration enables antiparticles to be extracted from the radiation belts for eventual practical use
in spacecraft propulsion. Figure 14 shows a concept for a vehicle which provides such functionality.

Figure 14 – Artist’s concept of proposed system implementation in orbit.
A large ring current flowing in a high temperature superconductor coil induces a large magnetic
dipole moment. The resulting field, superimposed over existing natural fields, can influence the
trajectory of charged particles in the spacecraft’s vicinity. The particles will follow the field lines
where they are concentrated as they approach the ‘throat’ of the collection system. The study of the
efficiency of this process is the second major focus of this study. Interestingly, this same field can act
as a mini-magnetosphere similar to the Earth’s radiation belts. Degrading the energy of the particle
and using electric and/or RF fields to transfer the particle to closed field lines while near the throat,
introduces a mechanism where particles can be stably trapped and stored with relatively low loss
rates.
Once trapped in the artificial magnetosphere surrounding the spacecraft, the antiprotons stored
in the field can be directed to react with material near the throat to catalyze a nuclear reaction which
subsequently produces ejecta which can be used to propel the vehicle with high efficiency. In this
scenario, the magnetic field is also used to direct the trajectory of the ejecta debris and therefore acts
as a magnetic nozzle. Finally, this same field acts as a radiation shield to protect equipment (and
possibly astronauts) within the center region. Therefore the magnetic field acts as a multi-functional
device. The functionality provided is:





Antiparticle collection system
Stable antiparticle fuel storage
Nozzle and propulsion system
Radiation shield
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BACKGROUND SUMMARY

This program has the grand vision to provide the enabling technology for very high
performance space propulsion. Here we outline the fundamental advantages and problems of
antimatter propulsion and present a concept for a system which addresses these issues. The key
points are:
•

•

•

•

Antimatter has an energy density more than ten orders of magnitude higher than the
best chemical propellants currently used in rocket systems.
o

Very small quantities (nanograms to micrograms) of antiprotons can be used to
catalyze nuclear reactions and enable very aggressive interplanetary or precursor interstellar exploration not possible with conventional systems.

o

Antimatter also offers revolutionary potential in a variety of other Earth based
applications including sensing, medical treatment, and basic science research.

The fundamental stumbling block preventing the realization of this potential is the
extreme difficulty (and cost) associated with manufacturing and then storing the
antiprotons for extended periods of time.
o

Particle accelerator production currently is limited to a few nanograms per year
worldwide and is mostly dedicated to science research.

o

The cost of production is estimated to be upwards of $160 trillion per gram.

o

The current state of the art antiproton storage systems can only trap
femtograms of antiprotons for days to weeks at a time. It is unclear if it is
possible or how efficiently this could be scaled up to the levels needed for
space propulsion. The specific mass of the current systems is more than a
billion kilograms per microgram stored which implies limited feasibility for
transporting the devices to orbit.

In contrast, high energy cosmic rays which originate from outside our solar system
constantly generate antiprotons when their kinetic energy is converted to mass during
high energy collisions with other particles.
o

Interactions in the interstellar medium create a low flux source of antiprotons
that continuously impinges on planetary magnetospheres.

o

The interaction of cosmic rays with the atmosphere of a planet, or other targets
such as rings, can create natural supplies of antiprotons that become trapped in
the radiation belts surrounding the planet.

A large dipole magnetic field can be advantageously applied to collect the concentrated
antiprotons from their natural environment offering the potential for a nearly limitless
supply of antiprotons without the difficulties of Earth based production and storage.
o

A spacecraft surrounded by a ring of superconducting wire can be used to
induce the required magnetic field for the scoop.

o

The mini-magnetosphere generated around the spacecraft can also be used to
store the antiprotons for later use.

o

The magnetic field also offers an intrinsic shield against space radiation and can
possibly be applied to assist in the propulsion system by directing the charged
particle sources and thrust.
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C H A P T E R 3 - L O C A L I Z E D E A RT H P RO D U C T I O N A N D T R A P P I N G
PRODUCTION MECHANISMS FOR THE EARTH’S PROTON BELT

A clear understanding of how the proton radiation belt is formed is helpful when studying the
generation of its antimatter counterpart. There are two fundamentally different sources of protons
which primarily populate the proton radiation belt. The first is Cosmic Ray Albedo Neutron Decay
(CRAND) which is the primary source function for the high energy proton population. The second
source is the diffusion of protons from an external source, namely the Sun. This external diffusion
process primarily serves to populate the low energy portion of the belts, especially at higher L shells.
Ifedili [29] reviews the CRAND process. Figure 15 shows the fundamental nature of the
CRAND process. The mechanism is driven by high energy cosmic rays that strike the upper
atmosphere of the Earth which induce nuclear reactions in atmospheric nuclei. Many particles are
generated some of which are free neutrons following trajectories which leave the atmosphere. The
estimated flux of these ‘albedo’ neutrons are shown in Figure 16 based on a slab model simulation of
nuclear transport within the Earth’s atmosphere. The majority of the albedo neutrons are formed
below 10 MeV due to the physics of the spallation process.

Figure 15 – Cosmic Ray Albedo Neutron Decay (CRAND)
Though neutrons are stable when bound in nuclei, they decay into an electron, proton, and antineutrino in their free state with a half life of just over 10 minutes. Though the majority of neutrons
will be absorbed by the atmosphere or pass outside the influence of the Earth before decaying, a
small fraction of the particles will decay while inside the magnetosphere. If the ejected proton is
properly oriented with a velocity vector outside the loss cone for a particle at that energy and
location, it will be stably trapped within the radiation belt. Neutrons which originate from the Sun
can also decay in the magnetosphere, though this process (SPAND) is much less effective at
populating the belts.
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Figure 16 - Neutron Albedo Spectrum. (Earth)

ndiffusion / ntotal

Protons which originate outside of the magnetosphere can also make there way into the stable
trapping regions of the radiation belts after interacting with the magnetic field of the planet. The
field, which is itself fluctuating due to interactions with the solar wind, allows the protons to radially
diffuse to low L shells. The contribution of this effect relative to the CRAND source is described
by a semi-analytical model proposed by Jentsch [30]. Figure 17 shows the relative contribution of the
different sources. The diffusive source is especially important at lower energies and higher L shells.

Proton Energy (MeV)
Figure 17 – Relative contribution of external and CRAND proton sources (Jentsch model).
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PBAR AND NBAR SOURCE FUNCTIONS

We can now compare the source rate of antiparticles relative to their standard matter
counterparts. The most energetic processes in the Sun are not sufficient for proton/antiproton or
neutron/antineutron pairs to be created. Therefore, antiprotons will not be present in the solar wind
which impinges on the Earth’s magnetosphere, eliminating the external source as a possible way to
populate the antiproton radiation belt. However, the galactic cosmic ray flux impinging on the
atmosphere is energetic enough for pair production to occur. Geant4 is a toolkit for the simulation
for the passage of particles through matter [31] which can be used to model these interactions.
Figure 18 shows the estimated flux of antineutrons generated in the atmosphere of the Earth
calculated by impinging the GCR proton spectrum on a Geant slab model of the atmosphere. The
antineutrons will decay into a positron, antiproton, and neutrino with a half life of just over 10
minutes. The antineutrons which decay within the magnetosphere will act as a source function for
the antiproton radiation belt.

Figure 18 – Antineutron Atmospheric Production Spectrum.
The antineutron spectrum is substantial but unfortunately the particles are produced along a
narrow corridor which approximates the original path of the impinging cosmic ray. Figure 19 shows
the angular distribution relative to the generating particle as calculated by the software code Geant4.
The majority of the antineutrons lie within a narrow 10 degree cone which means that most of the
anti-neutrons will be at high energy on a downward trajectory away from the magnetosphere.
The antineutrons must go through a second scattering process with the atmosphere in order to
reduce their energy and then traverse and decay within the magnetosphere. This secondary scattering
process is far less efficient at generating albedo antineutrons relative to the spallation processes that
is the source of the albedo neutrons. Pugacheva et al. [32], calculated the relative efficiency of albedo
antineutron production at 1 part in about 109 at an energy of 100 MeV based on analytical
relationships. Figure 20 shows preliminary calculations of the resulting albedo antineutron flux based
on Geant4 simulations. Comparing the plot to Figure 16, we calculated the efficiency to be an
energy dependent value which varies between ~1:105 and ~1:108 with an average generation
efficiency of about 1:107 relative to the CRAND source.
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Figure 19 – Angular distribution of pair produced antineutrons.

Figure 20 – Antineutron Albedo Spectrum.
Antiprotons can also be directly generated via pair production in the exosphere. This has been
studied previously in several papers. [32, 33, 34, 35] Figure 21 shows the predicted production
spectrum of antiprotons in the exosphere normalized to the density of the atmosphere based on
Geant4 simulations. There is a careful balance here since production at lower altitudes results in
much higher fluxes but also in much higher loss rates due to interactions with the upper atmosphere.
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Unlike the antineutron decay process, antiprotons are trapped on the L shell where they are initially
pair produced since their charge prevents them from freely traversing the magnetosphere to a higher
L shell.

Figure 21 – Antiproton Production Spectrum in the Earth’s Exosphere at L=1.2.
ANTIPROTON BELT FLUXES AND INTEGRATED MASS

The fluxes and integrated mass of antiprotons produced locally from these two sources and
trapped within the magnetosphere can be estimated from the above data to determine its ultimate
utility to spacecraft propulsion. Figure 22 shows the predicted fluxes from the CRANbarD source
(antineutron decay). The curves were derived by starting with the AP8 radiation model to determine
the total flux of protons and then using the Jentsch model (Figure 17) to subtract the protons that
originated externally and diffused inward. The antiproton curve was then estimated by multiplying
these fluxes by the ratio of albedo antineutrons to albedo neutrons. The plot shown conservatively
assumes a constant ratio based on the estimates posed by Pugacheva et al. [32] Subsequent Geant4
simulations suggest this may be too conservative by several orders of magnitude. A more detailed
analysis based on solving equation (9) should be completed to more accurately determine the true
flux.
Figure 23 shows the estimated trapped antiproton fluxes from direct pair production in the
exosphere. The values from an analysis by Spjeldvik et al. [35] show that the peak production
location is at L=1.2. At lower altitudes, the generation of antiprotons increase but this is outweighed
by their short lifetimes due to interactions with the upper atmosphere. At higher altitudes, the loss
rates are substantially lower though there is insufficient material available to produce a substantial
primary flux of antiprotons. The balance between these two effects produces the maximum flux at
L=1.2 which then radially diffuses inwards and outwards due to fluctuations in the global magnetic
field. It should be noted that the energy spectrum is shifted to considerably higher energies relative
to the CRANbarD derived source. This likely will reduce the observed fluxes due to direct pair
production of antiprotons since long term stability is limited for such high energy particles.
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Figure 22 – Predicted antiproton fluxes originating from the CRANbarD source.

Figure 23 – Predicted antiproton fluxes from direct pair production.
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By integrating through phase space, the total number of trapped antiprotons per L shell can be
estimated. Figure 24 shows the total mass estimates following integration. The quasi steady state
local supply of antiprotons from the direct pair production source is probably 0.1 nanograms or less
with a peak about L=1.25. Instabilities in trapping may reduce this value further. In contrast, the
antineutron decay source supply is conservatively estimated at 0.15 nanograms with a peak around
L=1.9. Preliminary results from subsequent analyses have shown that this value may be up to two
orders of magnitude higher which would imply a total supply of 15 nanograms or more trapped
around the Earth.

Figure 24 – Integrated mass estimates based on conservative antiproton fluxes estimates.
This predicted number of trapped antiprotons around the Earth is considerably lower than the
initial estimates based on the GCR spectrum. The antineutron decay mechanism which primarily
populates the belt is much less efficient than the standard CRAND source due to inefficiencies in the
backscattering of antineutrons. Despite this, stable trapped antiparticle populations are predicted to
exist in the magnetosphere of Earth (and other planets). A more detailed investigation will be
needed to precisely determine the true fluxes and mass. For instance, the contribution of
antineutrons produced at oblique angles to the atmosphere may substantially increase the overall flux
since the antineutrons do not need to be fully backscattered to decay within the magnetosphere.
LOSS AND REPLENISHMENT RATES

Unfortunately the total mass of antiprotons predicted to be trapped around the Earth is relatively
low. However, the question remains, how quickly is the supply replenished? Figure 25 shows the
timescale of the relevant antiproton loss and transport processes operating in the magnetosphere.
The two true loss mechanisms are from inelastic collisions with the atmosphere (annihilation) and
instabilities at higher L shells (Appendix E). Coulomb losses are not true losses per se but instead
degrade the energy of the trapped antiproton population. Radial diffusion is also not a true loss
mechanism, but rather transports the particles to regions where annihilation or instability losses are
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more likely to occur. Protons also experience losses due to charge exchange though this is not a
relevant loss mechanism for antiprotons since there are no neutral anti-atoms in the atmosphere for
the exchange to occur with.
The plot shows the annihilation loss timescale (time until 1/e of the flux is lost) as a function of
the magnetic L shell (altitude) for particles with an equatorial pitch angle near 90 degrees. Particles
with smaller pitch angles will be lost somewhat faster due to the higher loss rates when mirroring at
lower altitudes. The particles are transported via radial diffusion in the magnetosphere. This is largely
independent of particle energy, but is influenced by the severity of the ambient field fluctuations
which is related to the level of solar activity. The timescale shown is the ensemble-average of the
timescale for the particles to be transported a distance of (ΔL)2.

Figure 25 – Characteristic loss and transport timescale for antiprotons in the magnetosphere.
When combined with the Fokker-Planck equation, the overall replenishment rate is similar to
that experienced by the proton belt where the timescale is measured to be on the order of a few years
or less though the exact value is dependent upon the initial L shell where the antiproton is initially
formed. However, this rate still yields an overall antiproton supply that is a few nanograms per year
at best, and possibly less depending upon the exact fluxes generated via the various sources.
Therefore, the Earth’s natural antiproton supply does not appear to be as abundant as originally
hoped. However, the levels predicted are still of significant practical interest and additional
simulations may show that other sources, such as oblique angle atmospheric generation, may yield
much larger total supplies than current estimates may imply.
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SUMMARY OF IN SITU TRAPPING IN THE EARTH’S MAGNETOSPHERE

Analysis of the source and loss mechanisms for antiprotons in the Earth’s magnetosphere
yielded predictions for antiproton fluxes and replenishment rates. The following are the key points:
•

•

•

Trapped antiprotons come from two primary sources which both originate from high
energy galactic cosmic rays interacting with the upper atmosphere.
o

Pair produced anti-neutrons in the atmosphere are subsequently backscattered
and decay into antiprotons while in the magnetosphere. (CRANbarD)

o

Antiprotons are directly generated via pair production in the exosphere with a
peak at an altitude of about 1200 km (L=1.2).

The total steady state trapped supply is estimated to be between 0.25 and 15 nanograms
based on preliminary calculations.
o

The low end estimates for the total supply are not practical and the high end
estimates are marginal for space propulsion applications.

o

This is much less than originally predicted due to the high energies and narrow
angular distribution of the pair produced antineutrons.

o

Inefficiencies in the backscatter process reduce the magnitude of the albedo
antineutron flux to be less efficient than the analogous neutron process by 1
part in 105 to 109.

o

The generation of antineutrons generated by cosmic rays striking the
atmosphere at a narrow slant angle is not included in these estimates. Since
these antineutrons do not need to be backscattered to enter the magnetosphere
trapping region, this could represent a significant additional source of
antiprotons.

o

We have conservatively assumed the 0.25 nanogram worst case prediction for
all remaining calculations including extrapolations to the outer planets.

The overall replenishment rate timescale is on the order of several years.
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C H A P T E R 4 – J OV I A N E X T R A P O L A T I O N S

The outer gaseous planets in our solar system are larger in size than the Earth and also have
significantly stronger magnetic fields. Table 2 lists the selected parameters for the planets which have
substantial magnetic fields. The Jovian planets have magnetic fields which are much stronger than
those of the rocky planets. For instance, the dipole moment of Jupiter is nearly 20,000 times larger
than Earth’s. Measured radiation fluxes from robotic spacecraft significantly exceed those measured
in the Earth’s radiation belts. [36,37] Dessler [38] provides a detailed survey of the Jupiter
environment and the models which describe it. One can therefore extrapolate and assume that these
planets will also have much higher antiproton fluxes and total integrated mass. In this section, we
will explore the relative differences between the production mechanisms which form the antiproton
belts and develop scaling relationships to allow us to estimate the antiproton content of the Jovian
planets.
Planet
Dipole Moment
Radius
25
3
Earth
7.9 x 10 gauss cm
6378 km
Jupiter 1.5 x 1030 gauss cm3 71492 km
Saturn 4.3 x 1028 gauss cm3 60268 km
Uranus 3.8 x 1027 gauss cm3 25559 km
Neptune 2 x 1027 gauss cm3 24764 km
Table 2 – Radius and magnetic field parameters for selected planets.
The Jovian planets offer a significantly different environment for the production and loss of
antiprotons relative to the region around Earth. Like Earth, antiprotons will be lost to the residual
atmosphere, but the Jovian planets can also have moons, rings, gases, and dust within the trapping
region which can absorb the antiproton flux. However, these same factors can sometimes improve
the efficiency of the antiproton generation process. Together with the larger dipole moment and
increased radius, there are numerous reasons why the source function from equation (9) will increase
beyond the Earth’s to yield a greater number of total antiprotons trapped in the planet’s
magnetosphere. Five such effects are outlined below. The first three sources (S1-S3) represent
improvements in the CRANbarD process relative to Earth. The fourth source (S4) is unique to the
Jovian planets which involves the generation of particles via interactions of the GCR with rings and
other material near the planet. Finally the source S5 represents improvements in the direct pair
production of antiprotons in the exosphere relative to Earth. Admittedly, the scaling is crude but it
does provide insight into the most important mechanisms and natural antiproton sources in our solar
system.
LOSS CONE REDUCTION (S1)

Stronger magnetic fields can increase the antineutron decay acceptance cone. Therefore, a larger
percentage of the antineutrons that decay within the magnetosphere will be trapped. The
improvement relative to the Earth can be given approximately as,
(Sp1/Searth) ≈ (π/2-αpLC)/(π/2-αearthLC)

Equation 10

where α__LC is the loss cone angle for the planet (p) relative to Earth. This is likely to be a relatively
minor effect.
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TIME OF FLIGHT INCREASE (S2)

The magnetosphere of the Earth extends out to approximately 10 Earth radii. In comparison, a
10 MeV antineutron will travel greater than 4000 Earth radii over a time period equivalent to its half
life. Therefore, only a very small fraction of the antineutrons will decay while within the trapping
region of the planet. However, a greater percentage of the particles decay when path lengths (and
flight times) are longer. Planets with larger magnetic fields (and thus trapping regions) will capture a
larger fraction of the decay products.
The size of the trapping region can be estimated by comparing the particle gyro radius to the
radius of curvature of the field lines. Increasing the radius of curvature for the same field strength
enables trapping over wider regions. The magnetic field at a distance x from the planet is
proportional to,

B∝

M
x3

Equation 11

where M is dipole moment of the planet. The maximum distance for stable trapping at a given
energy (Larmor limits) can be given as the point where the gyro radius is equal to no more than 10%
the radius of curvature. (See Appendix E) The radius of curvature is approximately xeq/3 so
therefore,

x
p
Mq
> 10
→ x2 <
→ x max ∝ M
3
Bq
30 p

Equation 12

Since the time of flight is related to the distance (d=vt), the maximum flight time in a planetary
magnetosphere is proportional to the square root of the planet’s magnetic dipole moment. Relating
this to flight times in the Earth’s magnetosphere gives,

flighttime p
flighttimeEarth

Mp

=

Equation 13

M Earth

The number of neutrons that have decayed in the planet’s rest frame after a time t is,

N decayed
N0

=1− e

−λdecay t

Equation 14

where λdecay is the neutron’s relativistic decay time constant (ln(2)/τ1/2). When t << τ1/2 the number
of particles that decay within a planet’s magnetosphere relative to the number at Earth can be
simplified to,

.

S p2
N1 t1
≈ →
≈
N 2 t2
S Earth
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Mp
M Earth

Equation 15

Note that this expression is energy independent. Therefore, planets with stronger magnetic
fields can trap a greater number of decay products from albedo antineutrons since the longer transit
times enable a larger percentage of them to decay while within the trapping region. This becomes
non-linear and breaks down as the flight time approaches the particle’s relativistic half life, but offers
a realistic scaling factor for the Jovian planets. This is a relatively major effect with the Jupiter
source being two orders of magnitude more efficient relative to Earth.
INCREASE IN ANTINEUTRON ATMOSPHERIC PRODUCTION AREA (S3)

Antineutron pair production in the atmosphere increases with the available production area.
Therefore, larger planets offer more atmospheric material (surface area) for the antineutron
production to occur over. However, due to cutoff limitations, some portion of the source spectrum
(GCR) may not strike the atmosphere, thus reducing the production rate. Appendix D shows the
classic forbidden region due to rigidity cutoff limitations. This is primarily an issue near Jupiter
where much of the production spectrum is cutoff below latitude of about 60 degrees. The overall
effect scales approximately as,
Sp3/Searth ≈ (rp2/rearth2)(λearthcut/λpcut)

Equation 16

where r is the radius of the planet, and λ__cut is the average cutoff latitude for the weighted
production spectrum. This can be a relatively major effect, especially at Saturn where the surface
area of the planet is almost two orders of magnitude larger than Earth.
ADDITIONAL ANTINEUTRON PRODUCTION TARGETS (S4)

The Jovian planets also have additional targets for pair production via interactions with the
impinging GCR source. Examples of additional targets include rings, belts, moons, and gaseous
concentrations. In particular the rings of Saturn and the Io gas torus surrounding Jupiter are enticing
targets. There are no analogous generation sources around the Earth.
The production efficiency of antiprotons generated via antineutron decay is increased since the
antineutrons produced in the belts (~Saturn) or dusty/gaseous regions (~Io Torus) do not need to
be backscattered to decay within the belts. The Io torus and dust deposits are not thick enough
(g/cm2) to produce significant antineutron fluxes though the A and B rings of Saturn have nearly the
ideal density (5-100 g/cm2 [39]) for this process to occur.
Antineutrons produced in rings or other structures can directly exit the target and travel into the
magnetosphere where the decay products can be trapped. This process is much more efficient than
relying on the backscatter of antineutrons in the atmosphere. We can not ratio this effect to Earth
since there is no analogous source, but it can be compared to the atmospheric production efficiency
(S3). The efficiency improves by the relative path lengths for production (ρatm/ρring), the approximate
relative area (Aring/Ap) over which pair production occurs, and the inverse of the antineutron
backscatter ratio (Qnbar/Qnbaralb) which is calculated from monte carlo nuclear transport simulations
(Geant4). The combined expression,
Sp4/Sp3 ≈ (Qnbar/Qnbaralb)(Aring/Ap)(ρatm/ρring)

Equation 17

provides a very approximate estimate of the relative production efficiency for secondary antiproton
generation via antineutron generation in the belts. This is a major effect for Saturn. Antiprotons will
also be produced at approximately the same rate though they will be trapped on the same L shell as
the production target (rings). Therefore, an antiproton will be quickly reabsorbed by the source that
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initially generated it. The relative advantage of the production via antineutron decay is that the
neutral antineutrons produced can travel away from the target before decaying.
INCREASE IN ANTIPROTON ATMOSPHERIC PRODUCTION AREA (S5)

The surface area of the outer planets will also help with the direct production of antiprotons
which subsequently become trapped. Similar to the antineutron source (S3) this is restricted if the
production surface is within the forbidden region for cosmic rays at that energy. Therefore, the
generation of antiprotons at Jupiter will be reduced significantly due to rigidity cutoff limitations.
Similar to S3, the overall effect scales approximately as,
Equation 18

Sp5/Searth ≈ (rp2/rearth2)(λearthcut/λpcut)

where the parameters are all equivalent to S3. The exception is Searth which here represents the direct
antiproton source at Earth instead of the CRANbarD source. In total, this can be a relatively major
effect, especially at Saturn where the surface area of the planet is almost two orders of magnitude
larger than Earth.
COMBINED SCALING EFFECTS

The effects of increasing the source function can be estimated by combining the above ratios.
The following expression yields the estimated antiproton source relative to that of Earth,
Sp ≈ (Sp1/Searth1) (Sp2/Searth2) (Sp3/Searth3) (Searth1-3) + (Sp4/Searth1-3) + (Sp5/Searth5).

Equation 19

The value for Searth1-3 represents the calculated CRANbarD source function while Searth5 represents the
calculated source function for direct production of antiprotons in the exosphere. Table 3 shows the
estimated values for each of the terms. The last column provides an estimate for the total mass of
antiprotons trapped in the planet’s magnetosphere. This does not include all relevant effects (loss
and transport timescales, etc…) so it does not represent a truly complete (and accurate) estimate of
the trapped mass. However, it does provide a rough guideline for the relative mass of antiprotons
trapped in our Solar System.

Earth
Jupiter
Saturn
Uranus
Neptune

S1-3/Searth

S1/Searth

S2/Searth

S3/Searth

S4/S1-3

S5/Searth

Mass

Nbar Related

Loss Cone

Decay Time

Production Area

Rings (Nbar)

Direct Pbar

Trapped Pbar

1
> 6 x 103
> 3 x 103
> 110
> 75

1
< 1.2
< 1.2
< 1.2
< 1.2

1
~ 140
~ 25
~7
~5

1
~ 45
~ 90
~ 15
~ 15

0
~0
103 (?)
~0
~0

1
~ 45
~ 90
~ 15
~ 15

~0.25 ng
~1 μgm
~400 μgm
~ 18 ng
~ 13 ng

Table 3 – Coarse estimates for Jovian source scaling factors.
The limitation of this estimation technique is that is basely solely on extrapolations and coarse
estimates for some of the variables. Though the values could easily be off by an order of magnitude
or more, the results provide insight into interesting production phenomena within our solar system.
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SUMMARY OF JOVIAN SCALING EFFECTS

Extrapolations of the Earth magnetosphere were made to estimate the trapped supply of
antiprotons naturally surrounding the Jovian planets. Some of key findings are:
•

The rings of Saturn are the largest source of locally generated antiprotons in the solar
system. Nearly a half milligram of antiprotons are trapped based on coarse engineering
extrapolations.
o

•

Jupiter has a smaller trapped supply of antiprotons than originally anticipated due to the
cutoff of the GCR production spectrum by its large magnetic field.
o

•

Approximately 1 μgm of antiprotons are spread throughout Jupiter’s
magnetosphere.

Saturn and Jupiter both have relatively large supplies of antiprotons relative to that
needed for selected propulsive concepts which utilize antiprotons to catalyze nuclear
reactions. The disadvantage is that a spacecraft must first be sent there to collect the
antiparticles.
o

•

The fluxes are primarily formed by the decay of ring produced antineutrons in
the magnetosphere. Antineutrons generated in the A&B rings do not have to
be backscattered for trapping which drastically increases the production
efficiency.

Though Earth has a relatively small antiproton supply in terms of very high
delta-v missions, the supply is likely large enough to enable a bootstrap mission
where a spacecraft first stops in Earth orbit for a partial ‘fuel up’ and then
travels to Saturn to extract most of the fuel for an interstellar precursor mission.

The estimates are all based on extrapolations of conservative Earth supply estimates. A
complete model of the Jovian radiation belts will be required to more accurately
determine the true fluxes and integrated mass.
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C H A P T E R 5 – P O S I T RO N S

Positrons have also been suggested as a potential energy storage medium for space propulsion.
However, the mass requirements are significantly larger since using them as a nuclear catalyst like
antiprotons is not possible. Though their flux is far lower than protons, the galactic cosmic ray
spectrum also includes electron and positron constituents. Measurements of the spectrum have also
shown that for every 10 electrons there will be 1 positron incident on the atmosphere. Though the
relative ratio of positrons to electrons is relatively high, the overall background mass flux is low.
However, of more interest are several recent measurements of positrons produced by the Sun as well
as trapped positrons measured in low Earth orbit.
LOCAL GENERATION

In 1998, the space shuttle flew the AMS-01 magnetic spectrometer as a precursor to the more
permanent AMS-02 experiment which is due to be installed on the international space station.
Interestingly, measurements of the positron and electron background showed that there were
approximately four times as many positrons as electrons at an altitude of approximately 380 km. [40]
A paper by Gusev et al. [41] explained this curious phenomenon as a result of the trapping of pion
decay products as the lower portion of the proton radiation belts interacts with the upper
atmosphere. This can be expected to yield a stably trapped positron population in low magnetic L
shells. Though limited data and simulation results are available, applying this ratio to the AE8 model
below L=1.2, implies that a total of 45 ng (E>1 MeV) to 11 μg (E>100 keV) of positrons are
trapped in low Earth orbit. The replenishment rate would be high at these altitudes due to the
relatively dense atmosphere below L = 1.2.
SOLAR POSITRONS

Recent measurements from RHESSI [42] have shown that positrons can be produced by the Sun
under certain conditions. Though even the largest solar flares on the Sun are not energetic enough to
produce antiprotons via pair production, the collision of plasma due to solar flares near the surface
provides enough energy to produce positron/electron pairs. It was reported that the annihilation of
nearly 1kg was observed after a large solar flare which was measured by observing the gamma rays
produced during positron/electron annihilations near the Sun. However, it is unclear how many, if
any of these positrons, are able to escape the production region without annihilating to travel
outwards into the solar system. If we assume the 10% ratio from the GCR flux and apply it to the
Earth’s electron belt, a total trapped positron content of ~850 mg is predicted. This is probably
overly optimistic since a significant outward flux seems unlikely given that one would expect this to
be observable in the Earth’s electron belt if a significant fraction made its way to Earth. None the
less, this is an interesting phenomenon that may be of additional interest.
POSITRON SUMMARY

•

Positrons generated as a result of the proton belt interacting with the upper atmosphere
produce fluxes where the number of positrons exceeds the number of electrons.

•

Solar positrons generated near the surface of the Sun have been experimentally
observed. It is unclear how many if any of these make their way to Earth where they
can be trapped in the magnetosphere.

•

Significant fluxes of positrons may exist, though the exact magnitude is still uncertain. A
quasi-static supply < 1 μgm is most likely.
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CHAPTER 6 – GCR FOCUSING

The galactic cosmic ray (GCR) background includes a significant flux (Figure 26) of antiprotons
generated by the interaction of particles in the interstellar medium. There is a distinctive peak
around a particle energy of 2 GeV. Though still extremely tenuous by the standards of radiation belt
fluxes, the antiproton content is significant over large scales. A question persists – how effectively
can planetary magnetic fields help concentrate the GCR flux to assist extracting useful quantities of
antiprotons from it?

Figure 26 – Measured GCR antiproton flux with theory.
Table 4 shows the yearly impingement of antiprotons on the inner magnetospheres of the listed
planets. Here we have defined the size of the magnetosphere to be a sphere with a radius equivalent
to the approximate sunward side shock boundary where the magnetic pressure balances the solar
wind pressure. [43] Within this volume around the Earth, a modest 4 grams of antiprotons
(1 GeV < E < 10 GeV) pass through on a yearly basis. In comparison, the magnetosphere of
Jupiter is the largest structure in our solar system and experiences an integrated flux of over 9 kg of
antiprotons per year!
Planet
Earth
Jupiter
Saturn
Uranus
Neptune

Standoff Distance
Antiproton Rate
Yearly Antiproton Impingement
2
2
(1
GeV
<
E
<
10
GeV)
(~inner magnetosphere)
(2ρv = B /2μ0)
11 Rearth
0.004 kg
0.13 μg/sec
45 Rjupiter
9.1 kg
287 μg/sec
20 Rsaturn
1.3 kg
41 μg/sec
26 Ruranus
0.39 kg
12 μg/sec
25 Rneptune
0.33 kg
10 μg/sec
Table 4 – GCR Antiproton Magnetosphere Impingement

A hint of possible concentration factors is given in the original work by Carl Störmer in the first
half of the 20th century. [44] Störmer orbits were calculated by manually integrating the forces on a
charged particle to determine its trajectory through a simple magnetic field. Störmer identified
specific trajectories based on the particle rigidity (momentum relative to charge) and identified the
limits of the forbidden regions through which particles of certain energy are not able to pass.
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COMPUTATIONAL TECHNIQUE

We wish to study the motion of a charged particle, such as an antiproton, in the presence of
magnetic and electric fields which make up the magnetosphere of a planet. The spatial domain has
specified magnetic and electric fields which can vary as a function of both position and time.
Ultimately, the path of the particle with a given charge (q) and mass (m0) and an arbitrary set of initial
spatial (xo,yo,zo) and velocity conditions (uo,vo,wo) needs to be determined. This simulation of these
trajectories can be applied to a large scale Monte Carlo analysis to simulate the interaction of cosmic
rays with the Earth’s magnetic field.
The equations describing the physics of this motion can be represented with a system of six first
order differential equations. The six derivatives of the particle’s position,

r
ds r
=V ,
dt

Equation 20

and relativistic momentum,

r
r r r
dp
= qV ×B+E
dt

(

),

Equation 21

can be readily solved with a high order Runge-Kutta algorithm. A simulation environment to study
the motion of the antiprotons was developed in matlab for this purpose. Though various solvers
were evaluated, most simulations used an explicit Runge-Kutta 5th order formulation based on the
Dorman-Prince pair [45] or a variable order Adams-Bashforth-Moulton PECE solver [46]. Both
provide variable time step capabilities and error tolerance control (Appendix F). The initial models
for the planet used a static dipole field model of the magnetosphere with no electric field present.
Though the capability exists, higher order terms were not used in the model since the inner field of
interest closely approximates an ideal dipole to the level of fidelity required. Figure 27 shows an
example trajectory from a single particle simulation.

Figure 27 – Example GCR antiproton trajectory around Earth.
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Monte Carlo runs for random trajectories (105-106 total particles) could be easily run over the
course of several hours or an evening on a 2.0 GHz multi-CPU desktop machine. The starting
conditions consisted of uniformly distributed points on a sphere [47] for position with randomly
oriented inward facing vectors for the initial starting velocity. The particles were traced until they
struck the atmosphere of the planet (r=Rearth) or they left the simulation environment (r > 11 Rearth
for Earth).
EARTH FLUX

Figure 28 shows the results of simulations based on the Earth’s magnetosphere interacting
with the GCR antiproton flux for particles with an energy of 2 GeV. The plot of the left shows the
locations where particles passed through a plane aligned with the magnetic pole of the planet. The
Störmer forbidden region (rigidity cutoff) for particles at this energy can clearly be seen in the graph.
The plot on the right shows the predicted fluxes of GCR antiprotons. An increase due to the
funneling of charged particles along field lines was observed near the poles. This mechanism
provides a flux increase of approximately a half order of magnitude relative to the background GCR
flux at 1AU.

Figure 28 – Predicted antiproton flux in the vicinity of the Earth. (E=2 GeV)

Figure 29 shows the flux for several different particle energies. The magnitude of the flux has
been normalized to the background value for that energy level. The peak concentration is
approximately a half order of magnitude greater than the background flux and independent of the
incident particle energy. However, the spatial extent over which this concentration occurs is
dependent upon the particle’s rigidity with the high concentration extending over a smaller region for
higher energy particles.
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Figure 29 – GCR flux relative to background at 1 GeV and 4 GeV around Earth.
JUPITER FLUX

Figure 30 shows the equivalent flux for the Jupiter system. One should note the spatial scale
relative to the Earth simulation since it is normalized by the radius of the planet. The domain shown
is therefore about 75 times larger in each direction relative to the Earth plots. The influence of
Jupiter’s tremendous magnetic field is clearly evident. The Störmer forbidden region extends out to
over 20 Rjupiter for the 2 GeV particles shown in the plot. The magnetic funnel effect near the
magnetic poles is also seen with the maximum flux about one and one half orders of magnitude
higher than the background GCR flux.

Figure 30 – GCR antiproton flux in the vicinity of Jupiter relative to background (E=2 GeV)
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OPTIMAL ORBITS TO MAXIMIZE INTEGRATED FLUX

Utilizing the higher fluxes of antiprotons near the poles to increase the collection rate can be a
challenge due to the required orbital dynamics of spacecraft capable of flying through these regions.
Orbits that pass through the high flux zones are restricted to high inclination polar orbits.
Unfortunately, a large portion of the orbital period will be spent in the near equatorial regions within
the forbidden regions where the background flux is low (Figure 31). If significant trapped radiation
belts are present in the forbidden regions this scenario may become more advantageous. The
electrodynamics of a magnetic scoop operating in such a field would also be an issue since torque
would be applied on a spacecraft in a polar orbit.

Figure 31 – Example polar orbits overlaid on the 2 GeV antiproton flux map.
Ideally the collection spacecraft should be placed in a near equatorial orbit for optimal
stability and maximum integrated flux intensity. This allows the spacecraft to pass through the
radiation belts or to extract portions of the GCR spectrum when orbiting beyond the forbidden
regions. The magnetic field of the planet can help in the collection process by biasing the pitch
angle of the incident particles. Figure 32 shows the pitch angle of GCR 2 GeV antiprotons
passing through the equatorial plane. The particles have a tendency to follow field lines as they
are deflected by the planet’s magnetic field. Therefore the antiprotons are coming from a
restricted portion of the sky which can greatly assist when collecting the particles via a magnetic
scoop. (Chapter 8)
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Figure 32 – Equatorial pitch angle of GCR particles near Earth. (E = 2GeV)
SUMMARY OF TRANSIENT GCR FLUX RESULTS

•

Simulations of the motion of charged GCR particles traversing a planetary magnetic
field were completed to determine the relative level of flux concentration provided by
the global field.

•

Above the poles of the Earth, the flux was concentrated by approximately a half order
of magnitude relative to the GCR background flux.
o

A spacecraft placed in an orbit to take advantage of this would also pass
through the forbidden regions during its equatorial pass. This would reduce
the total integrated flux unless antiprotons trapped in the radiation belts were
present in the equatorial areas.

•

Jupiter provides a similar type of flux enhancement with the local flux over the poles
approximately one and one half orders of magnitude higher than the background level.

•

Transient GCR antiprotons passing the equatorial region are preferentially biased to a
relatively narrow and small pitch angle. This could improve collection performance
significantly.
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C H A P T E R 7 – OT H E R C O N C E N T R A T E D A N T I PA RT I C L E S O U RC E S

Though the original program plan called for focusing exclusively on natural phenomena in
planetary magnetic fields, the scope was expanded to survey other potential renewable, high flux
sources of antiprotons accessible to spacecraft in our solar system. Several ideas which include
extensions of natural phenomena as well as purely artificial means are explored in this section.
INDUCED QUASI-STABLE TRAPPING OF GCR FLUX

Imprecise tolerance control during early transient GCR flux simulations showed an anomalous
radiation belt being generated around L=3 as shown in Figure 33. Investigation revealed that
numerical errors allowed the energy of particles to vary by as much as 0.01% in as the GCR particle
approached the Earth. A small subset of the incoming particles became quasi-trapped for short
periods of time. Though the average resident time in the Earth’s magnetosphere was only about 0.25
seconds for 2 GeV particles, the quasi-trapped particles became trapped for multiple seconds or even
many minutes. The result of this extended time in the Earth’s vicinity was the generation of a quasistable antiproton population near the rigidity cutoff point. The maximum observed flux was 25
times the background GCR flux for 2 GeV antiprotons at L=2.75. A spacecraft in an equatorial
orbit at this altitude would experience a large antiproton flux which would be continuously
replenished. It is unknown if degrading the energy further will expand this effect. However, one may
surmise that a larger subset of the incident trajectories would be trapped to produce a larger flux
magnification.

Figure 33 – Relative flux of the quasi-stable GCR radiation belt (E = 2 GeV).
The energy degradation could potentially occur during major fluctuations in the magnetic field.
The fluctuations will induce an electric field by the relation in Maxwell’s equation,

∇× E = −

∂B
.
∂t

Equation 22

Unfortunately the magnetic fluctuations are unlikely to be strong enough to consistently degrade the
antiproton energy sufficiently for noteworthy fluxes to develop. One intriguing possibility is that the
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energy be degraded artificially by human intervention to induce this effect and artificially generate the
quasi-stable antiproton belt. RF fields generated on the ground and/or electric fields in orbit could
potentially induce this effect. However, this is likely to be a very power intensive process and it may
not prove worthwhile based on economic viability.
PAIR PRODUCTION DUE TO GCR INTRACTIONS WITH COMET TAILS

Another intriguing possibility for high antiproton generation is from the tail of comets. As a
comet approaches the Sun, solar heating causes luminous tails stretching for millions of kilometers to
form. The solar heating and radiation pressure cause surface volatiles to evaporate and form several
distinct tails based on the size and mass of the released particles. (Figure 34) An ion trail flows
directly away from the Sun while the hydrogen envelope forms another tail slightly offset. Of
particular interest is a slightly curved dust tail which slightly lags the motion of the comet.

Figure 34 – Comet Hale-Bopp showing separated tails.
The dust tail offers a substantial distributed mass of material with which GCR protons can
interact to form proton/antiproton pairs. A portion of pair produced antineutrons may also decay
which offers a secondary source of antiprotons. A spacecraft flying near the comet could intercept
the antiprotons though it is unclear if there is sufficient density to generate significant fluxes.
However, this is an interesting possibility that should be explored in more detail.
AUGMENTED ANTIPROTON GENERATION

So far we have relied exclusively on natural processes based on the flux of high energy galactic
cosmic rays to produce antiproton/proton and antineutron/neutron pairs. In comparison, Earth
based generation currently relies entirely on the collision of high energy proton or ion beams with a
target in a particle accelerator. This process is relatively inefficient though numerous suggestions
have been put forth to improve the energy efficiency of the generation process. [48,49,50] The
concept of moving the generation process to Earth orbit has also been previously suggested. [51]
Space based production has the intrinsic advantage that the generated antiparticles do not have to be
transported to orbit from the ground.
What is perhaps even more exciting and appealing is the potential to place the generator within
the magnetic confinement region. All previous concepts have assumed that the antiprotons would
first be generated, then cooled and finally transferred to a storage trap. This cooling and transfer
process leads to inherent losses which reduce the total collection efficiency. However, in the case of
a planetary magnetosphere or a mini-magnetosphere generated by the magnetic field of a spacecraft,
the generator can be placed within the trap. This becomes feasible due to the high vacuum
environment in space along with the large volume external trapping provided by the dipole field.
Placing the generator in this way enables a significant improvement in the capture efficiency and
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overall energy efficiency of the process. Table 5 shows estimates for this in situ generation process
based on the scaling of Forward’s numbers relative to antiproton generation at CERN and Fermilab.
CERN

Fermilab

In Situ

Incident Proton Energy (GeV)
Generation Efficiency (pbar/p)
Angular Capture Efficiency
Momentum Capture Efficiency
Handling Efficiency
Total Efficiency (pbar/p)
Overall Energy Efficiency

26
120
200
0.4%
4.7 %
8.5%
20%
30%
100%
1%
1.2%
85%
5%
18%
80%
0.058
4 x 10-7
3 x 10-5
-9
-8
1.4 x 10
2.5 x 10
2.7 x 10-4

Rate at 100 kWe (Prometheus)

9.5 μg/yr

Rate at 1 GWe

95 mg/yr

Table 5 – Antiproton generation efficiency. (Based on Forward, 1985)
If we take the power available in orbit to be the projected electrical power generated by a Project
Prometheus source or a large solar power array, nearly 10 micrograms of antiprotons could be
generated and stored per year. This represents a significant quantity of antimatter which could be
used for very aggressive space propulsion and exploration. The concept is also quite appealing since
additional antiprotons could be generated over the course of the trip during transit to further propel
to vehicle. A much larger power source (GWe) could conceivably enable milligram class quantities of
antiprotons to be generated. This level of antiproton generation is sufficient to propel small
interstellar probes to a significant fraction of c.
SUMMARY OF OTHER ANTIPROTON SOURCES

•

Transient antiprotons in the GCR background which are slightly degraded in energy
could possibly form a quasi-stable radiation belt near the Earth which would be
replenished very quickly (minutes). Though this is unlikely to occur consistently due to
natural phenomena, it could possibly be induced artificially.

•

Antiprotons generated by the interaction of galactic cosmic rays with the tail of a comet
could produce transient fluxes larger than the GCR background. The generated
antiprotons could then be efficiently captured for subsequent use. This should be
studied in more detail to determine feasibility.

•

Artificially generating antiprotons in magnetospheres (natural or otherwise) would be
very valuable and efficient. By effectively locating the particle accelerator within the
magnetic ‘bubble’, the system can produce and trap antiparticles with high efficiency
which can then be used for propulsion. Leveraging the development of a space qualified
nuclear reactor (Project Prometheus) or 100 kWe solar arrays would enable ~10+ μgm
to be collected in orbit per year.

42

C H A P T E R 8 – M A G N E T I C S C O O P C O L L E C TO R

The processes discussed in the previous sections naturally produce fluxes of antiparticles that can
be used for space propulsion among other things. However, the fluxes are still relatively tenuous
when compared to the storage density desired for operational applications. A method that allows the
flux to be concentrated, collected, and then stored must be devised before we can take advantage of
the natural supply of antiparticles. We have proposed the use of a magnetic scoop to concentrate
the antiparticles from the space environment. The concentrated flux can then be transferred to the
mini-magnetosphere that forms around the scoop to store the antiparticles for long periods of time.
A magnetic scoop placed in a low inclination orbit can be designed to intercept nearly the entire
antiproton supply trapped in a planet’s radiation belt. The scoop can also be optimized to operate in
deep space where it can trap portions of the background flux.
COLLECTION PHYSICS AND EFFICIENCY

The physics governing the operation of the antiparticle scoop are similar to the Bussard scoop
proposed for interstellar propulsion. However, a few key distinctions should be made between the
two. The major challenges associated with the Bussard scoop are not relevant since the collector
does not need to accelerate the vehicle or directly induce fusion reactions. Instead, the vehicle
motion of the ram jet is replaced by the relative motion of the particles bouncing between mirror
points in both hemispheres. There is no need to induce nuclear reactions directly in the inlet stream
since there is no desire to accelerate the vehicle during the collection process. The two concepts also
differ in the factors that influence the collection efficiency. Depending upon the relative forward
momentum and magnetic field strength, an incident particle has some probability of being mirrored
out of the magnetic scoop. In addition, very high energy particles will have gyro radii which may
exceed the dimensions of the collector which will also reduce the efficiency of the collection process.
Interstellar protons are expected to be only thermally agitated relative to the vehicle motion while
radiation belt antiparticles will be spiraling along field lines with some pitch angle dependence. The
ratio of particles within the acceptance cone based on these factors differs between the two
scenarios.
Figure 35 shows our hypothetical magnetic scoop. A dipole moment is formed as high current
passes through a wire loop. This is described in any introductory text on electromagnetism. [52]
Incident antiprotons will be guided by the field lines similar to their motion in the Earth’s magnetic
field. The far field magnetic intensity at a distance s from the center is,

B=

μ0 ⋅ N ⋅ I ⋅ r 2
4s

1 + 3 sin 2 (λ )

3

Equation 23

where μ0 is the permeability of free space, N is the number of loops in the coil, I is the current in
each loop, r is the radius of the loop, and λ is the angle relative to the normal. Therefore, the region
of influence where the magnetic field exceeds the ambient field (B0) extends out to a maximum
distance of,

s max =

3

μ0 ⋅ N ⋅ I ⋅r2
2 B0
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.

Equation 24

The pitch angle of the incident particle will increase as it approaches the throat where the magnetic
field intensity is greatest. The mirror point where the particle is repelled and returns along its original
trajectory occurs when the pitch angle reaches 90 degrees. For any arbitrary magnetic field
configuration, the relationship between the pitch angle (α),, particle momentum (p), and magnetic
field strength (B) is given as,

p12 sin 2 (α1 ) p22 sin 2 (α 2 )
=
B1
B2

Equation 25

for any two points in along the particle’s trajectory. [20] This expression remains valid even if an
electric potential parallel to the field lines changes the particle’s momentum.

Figure 35 – Magnetic scoop with field lines.
From Equation 25 one can calculate the maximum pitch angle for acceptance based on the
ambient field strength and the magnetic field at the throat. Solving for the maximum pitch angle
due to magnetic reflection gives,

α max Re flection =

pm
p0

B0
.
Bm

Equation 26

The gyro radius (Larmor radius) represents a separate limitation on the ability to collect particles
with the magnetic field. Equation (5) gives the gyro radius of the particle in the ambient field as it
approaches the collection device. If the gyro radius exceeds the radius of influence for the collector,
the particle will not be trapped. The Larmor limit is given as,

α max Larmor

⎛⎛ B q ⎞ μ ⋅ N ⋅ I ⋅ r 2
= sin ⎜ ⎜⎜ 0 ⎟⎟3 0
⎜ ⎝ 2 p0 ⎠
2 B0
⎝
−1
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⎞
⎟
⎟
⎠

Equation 27

The maximum pitch angle accepted into the collector is the minimum value of the reflection and
Larmor limited cases. Figure 36 plots the maximum radius of influence and acceptance angle for a
magnetic scoop operating in the interplanetary magnetic field (IMF) at 1AU and in low Earth orbit at
an altitude of 6400 km. The data is plotted as a function of coil radius.

Figure 36 – Radius of influence and maximum acceptable angle to magnetic scoop.
The plots show that very large loops with tremendous electrical current running through them
(or many loops with lower current) have the ability to influence particle trajectories within a radius
extending out thousands of kilometers.
Even with only the lowest GCR background flux,
milligrams or more of antiprotons will still pass within this sphere of influence for such systems each
year. Systems with more modest parameters are still capable of influencing particles in a sphere
measuring tens to hundreds of kilometers per side and yearly fluxes in the microgram range based on
the limited GCR background flux.
The limitation of the collection is of course the maximum acceptance angle. If we require that
the antiprotons approach the coils to within one diameter (zm=2r), where the energy can be degraded
and the particle’s trajectory transferred to a closed field line for trapping, the maximum acceptance
angle will be a few degrees and often much less. This is a fundamental issue that limits the collection
efficiency of the scoop. The maximum acceptance angle can be increased by applying electric or RF
fields to pull the particle in. The increase in acceptance angle scales linearly with the change in the
particle’s momentum from its initial value on approach to that near its mirror point. This technique
may be effective for improving the collection efficiency of low energy particles but would likely be
difficult to implement in a practical manner for high energy particles due to their very high initial
kinetic energy.
ESTIMATED ANTIPROTON COLLECTION RATE

We can calculate the overall collection rate based on some ambient antiproton flux. Figure 37
shows the estimated collection rate assuming the worst case flux of the omni-directional GCR
antiproton background. The specific mass of the system improves as the coil radius increases. With
a 50 km diameter coil, the coil mass is estimated to be less than 1 metric ton per microgram collected
per year. Operating the device in higher flux regions will improve the performance significantly. The
engineering current density used in the mass estimates is a value proposed by Zubrin [53] as
potentially feasible in the 10-20 year time frame. This assumes significant improvements (by about
two orders of magnitude) in superconductor technology relative to the current state of the art.
Relying on currently available commercial technology would be prohibitive from a mass perspective
for all but the smallest systems.
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Figure 37 – Antiproton collection rate and mass efficiency for the GCR background flux.
The total rate of collection with a very large 100 km coil system could be as high as 100
micrograms per year for the worst case flux. Smaller systems of a more practical size would still be
able to collect a few micrograms per year at these flux levels. This is three orders of magnitude faster
than the current capabilities of Earth based accelerator production. In addition, collection rates
would improve substantially if operating within planetary radiation belts or near other antiproton
production targets. Extracting the lower energy radiation belt particles (MeV instead of GeV)
improves performance in a number of ways - the fluxes are higher, the lower energy regime reduces
the gyro radius collection limit, and the particles are easier to trap in the external dipole field.
However, the limitation of radiation belt extraction is the total supply limit compared to the infinite
supply offered by the GCR background. This is especially true for Earth. One potential solution
would be to use a bootstrap design where a small portion of the Earth antiproton population would
be extracted to propel the vehicle to Saturn where much more could be collected to propel the
vehicle on its true mission. The vehicle could also collect from the GCR background during the
transit periods.
COLLECTOR TRADEOFFS

The values shown in the above plots are for a subset of the potential design and operational
parameter space. There are a number of interesting tradeoffs that should be considered. The first is
the best location in terms of the ambient magnetic field intensity. For a given antiproton flux, does
performance improve when operating in a high ambient magnetic field (deep within a planetary
magnetosphere) or does the collection rate increase when the system is operated in the lowest
ambient field possible?
Low Earth orbit may seem optimal for collection since the relative change in the field between
the collector throat and the ambient field is reduced. The acceptance cone would therefore increase
due to the smaller relative change. However, the region where the coil field dominates over the
ambient is reduced, thus minimizing the incident flux due to the smaller sphere of influence. These
effects are combined in Figure 38 for several high current cases. The collection rate and mass
efficiency improves as the ambient field is reduced. Therefore, operating the greatest distance
possible from a planet is optimal. Of course, there is an additional dimension to this tradeoff since
the largest fluxes are likely to occur within a planetary magnetosphere. However, comets are an
enticing option since they potentially offer high fluxes with low ambient fields – the best of both
worlds.
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Figure 38 – Optimal ambient field magnitude for collection.
There is also a tradeoff for the optimal ring current as shown in Figure 39. Here we define the
total ring current to be the product of the number of coils and the current in each. Several
interesting effects are observed. The first is that operating in different ambient magnetic fields does
not play a large role in efficiency when the ring current is lower than about 108 amp-turns. The mass
efficiency is also flat below this current level. The effects seen in Figure 38 only become apparent at
higher currents. The change in behavior represents a change in the limiting factor for collection. At
the lower current limits, it is in the Larmor radius limited region while it is reflection limited at the
higher values. The exact shift point depends upon the energy of the incident particle – the 108
Amp-turns value represents the critical point for particles in the 1-5 GeV range. The shift would
occur at lower currents for trapped antiprotons in the MeV range.

Figure 39 – Optimal ring current for collection.
Figure 40 shows the estimated mass of the high current system (NI=109 amp-turns) based on
commercially available superconductor technology and projected superconductor performance in the
time frame of this program. Very large coils become prohibitive from a mass perspective, even with
substantial improvements in superconductor performance. The cost of ground launch will likely
limit the maximum ring size to be much less than 10 km in radius for the high current case. This
probably represents a practical (economic) limit for system performance though the exact point is
dependent upon many additional variables including political support.
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Figure 40 – Coil mass based on current and projected superconductor technology. (NI=109 A)
POWER REQUIREMENTS

Though the current loops will be made of a superconductor to support the large required
currents, there will still be some occasional losses which need to be compensated for. Of more
importance to the maximum power required for the system is the need to initially charge the coils
within a limited period of time. The magnetic field generated by the current loops stores a
tremendous amount of energy. From an initial starting state with no current, a power system should
be able to charge the system to its operational state within days or weeks. This is a relatively minor
issue for small loops, but becomes a major concern for very large systems where 1014 Joules or more
may be stored in the magnetic field. Figure 41 shows the power required to charge various loop
sizes to different final current states. The values can be quite large and perhaps prohibitive on the
very high end.

Figure 41 – Power requirements for the collection system.
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THERMAL CONTROL

The superconducting loops required for use in the loop operate at cryogenic temperatures. Even
the latest high temperature superconductors will need innovative cooling systems to achieve high
current densities and maximize performance. Active cooling and/or bringing consumable cryogenic
liquids to cool the coils will not be feasible for very large systems. Instead we must rely on passive
cooling systems which are well established in the space industry – though perhaps not at this scale.
Passive cooling works by using selective coatings to reduce the absorbtivity (α) in the optical
spectrum where most of the Solar energy is concentrated, while maximizing the emissivity (ε) in the
infrared region of the spectrum so heat can be dissipated to the cool 3K deep space background.
This is especially challenging when operating near planets since there will be a large view factor to the
relatively warm planet.
Ideally, a single film with a low absorbtivity/emissitivy ratio could be used for cooling, though
directionally oriented multi-layer insulation (MLI) may be required to cool the coils when operating
near Earth. Figure 42 shows the calculated temperature based on the effective solar
absorptivity/emissivity ratio. To keep the coil temperature below 100K (and preferably much lower)
MLI insulation would be required when operating near Earth. Zubrin [53] covers this in detail and
therefore will not be duplicated here. Operating the device at Jupiter or beyond is likely to be
feasible with second surface film coatings only since Sheldahl currently offers a product with the
desired solar absorptance to emittance ratio. Details of the thermal control system will need to be
investigated in more detail as part of future research activities.

Figure 42 – Average coil temperature for various operating scenarios.
TORQUE AND EXTERNAL FORCES

Operating a spacecraft with a large intrinsic dipole field may introduce large torques or external
forces based on its interaction with the external environment. A current loop experiences a torque
when exposed to an ambient magnetic field that forces the dipole to align with the local field lines. If
no damping is present, the loop will precess around the field lines due to any initial misalignment.
There will be no net external force induced when the coils are located within a constant field though
translation can occur due to field gradients.
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Ideally, the collector should be aligned with the local field lines to maximize the collection
efficiency since incident particles will be spiraling along the local field lines as they approach the
collector’s sphere of influence. The natural tendency of the system will cause it to become aligned
with the ambient field as desired. The exception to this would be a spacecraft in a polar orbit. This
type of orbit would force the system to rotate as the local field lines rotate relative to the spacecraft
as the spacecraft’s latitude changed. AC currents can eliminate the torque (and translations) if
operation in this mode is desired. However, this will make trapping difficult and is unlikely to be
practical for large systems.
SUMMARY OF COLLECTION SYSTEM

•

•

A magnetic scoop can be used to concentrate charged particles for eventual extraction.
o

Loops of high temperature superconducting wire produce the desired magnetic
dipole.

o

Particles spiral along the magnetic field lines towards the throat of the collector.

o

As the particles approach the throat, electric fields, RF fields, and/or an energy
degrader (mass) can be used to trap the incident particles on closed field lines
where they can be stored for future use.

Performance efficiency is fundamentally limited by two effects with the actual collection
rate equal to the worst case of the two.
o

Magnetic reflection causes particles to be mirrored out of the device before
being captured near the throat. It is functionally dependent upon the initial
angle of incidence of the particle and the magnitude of the magnetic field at the
throat relative to ambient.

o

Particles in the ambient magnetic field that have a gyro radius larger than the
collector dimensions will not be captured. This effect is functionally dependent
upon the angle of incidence, particle energy, ambient magnetic field, and the
spatial extent of the collector.

•

Kilometer scale loops with very high effective currents are capable of influencing
particle trajectories over a radius of hundreds to thousands of kilometers. The
acceptance angle is relatively narrow, often much less than one degree.

•

Despite the low relative efficiency, such systems are still capable of collecting hundreds
of micrograms of antiprotons per year in the worst case GCR background flux.
o

Collecting particles with much lower energies and higher fluxes (radiation belts)
will improve collection efficiency and rates substantially.

o

Radiation belt extraction is limited by the total available supply and
replenishment rate.

•

A high power source is required to initially generate the large currents in the loop over a
reasonable period of time.

•

Passive thermal cooling should be used to keep the coils at super-conducting
temperatures.
o

•

MLI insulation will be required for spacecraft operating within Jupiter’s orbit.

The current loop will naturally want to self-align with the ambient magnetic field which
is the desired configuration for collection.
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CHAPTER 9 – TECHNOLOGY DEVELOPMENT AND FUTURE PLANS
TECHNOLOGY DEVELOPMENT REQUIREMENTS

The proposed collection system does not require the development of any fundamentally new
technology to make it work. However, significant improvements in several key areas are essential to
ensure the system is both economically and technically feasible. Of particular importance is
technology development in the area of high temperature, low specific mass superconductors. Relying
on state of the art superconductors that are available commercially now will yield systems that are not
competitive from a mass perspective.
The following list summarizes the technology gaps and their relative development priorities.
Most of the technologies are also relevant to other NASA programs (e.g. Project Prometheus) with
related development likely to progress independent of this program.
Technology Gap: Low mass, high strength, long strand, ultra-high current loops

•

•

•

•

–

Requirement: High temperature superconductors with Je > ~1010 A/m2 at 90K and
L>100m.

–

Priority: Essential for collecting from natural low flux antiproton background, highly
desirable for systems with artificial augmentation.

Technology Gap : In-orbit power
–

Requirement : Space qualified nuclear reactor with P >= 100 kWe

–

Priority: Highly valuable though solar power is potentially another option.

Technology Gap : High efficiency, orbital antiproton generator
–

Requirement: Orbital particle accelerator with beam power = 200 GeV.

–

Priority: Essential for artificial augmentation, not needed if natural antiproton
sources are used.

Technology Gap : Passive cooling systems
–

Requirement: Reduced mass multi-layer thermal blankets for passive temperature
control of large structures with Tmax < 90K at 1 AU.

–

Priority: Improvements in reducing mass or operating temperature valuable; reduces
requirements on HTS.

Technology Gap : Affordable Lift
–

Requirement: Reduced cost to orbit. ($/kg)

–

Priority: Not required, but helpful.
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NEXT STEPS

This phase I program investigated the basic feasibility of extracting antiparticles from the natural
environment for use in space propulsion. Most of the fundamental issues have been investigated to
first order which has given us a feel for the major effects and potential of the technology. However
due to the limited time and resources available in a phase I study, many of the estimates were based
on ad hoc extrapolations. A great deal of additional analysis, experiments, and testing will be
required to precisely quantify the potential of the technology. The following are some of the key
items that need to be explored in more detail during the proposed phase II program and beyond.
•

Improve fidelity of the antiproton source and flux level estimates
o

Estimates of the antineutron derived antiproton fluxes are entirely based on coarse
extrapolations of the AP8 radiation belt model. There are numerous uncertainties
introduced during the application of this method. A complete radiation belt model,
based on solving the full transport equations described in Appendix C, should be
completed during phase II. This will require more detailed modeling of the source
and loss mechanisms (below).

o

The current antiproton source models are highly dependent on the albedo
antineutron backscatter spectrum. The Geant results used for the calculations in
phase I were based on coarse simulations of a simple slab model of the atmosphere.
The slab model does not account for forward scattering at grazing angles in the
atmosphere. The higher flux introduced by GCR focusing over the poles is also
not included. A simulation that includes a full field model with all of these effects
needs to be completed.

o

A far more detailed model with better energy dependent statistics needs to be
completed during phase II. The phase I results had limited resolution due to the
limited statistics provided by the initial simulations.

o

Radiation belt models of Saturn and other planets should be completed rather than
extrapolating from Earth based measurements.


o
•

This will require detailed modeling of the source and loss mechanisms
specific to the Jovian planets. In particular, modeling the induced fluxes
and absorption from Saturn’s rings is of great interest.

Models of the source fluxes from various other natural phenomena should be
completed to quantity the actual fluxes produced by comets, etc…

Increase the magnetic scoop model fidelity and supplement with experimental data.
o

The current efficiency estimates are all based on analytical equations which describe
the simplified motion of charged particles in a magneto-static field. The true
behavior of the plasma is more complex and needs to be explored in greater detail.
To start, detailed transport modeling needs to be completed based on a full 3D time
dependent field model of the scoop. The specifics of the transfer to the closed field
lines needs to be designed and verified with more detailed modeling and
experiments (below).
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•

•

•

o

Experimental verification of the plasma trapping design can be completed by
trapping electrons in a scale model placed in a plasma test chamber.

o

Detailed models of the loss rates and other phenomena should be completed with
Geant and other modeling tools.

o

Design specifics should be worked out in more detail; this includes thermal and
power subsystem design.

The economic and technical feasibility of the system should be further explored.
o

The relative technical risk and economics should be compared to other (Earth
based) production and storage technologies.

o

The viability of artificially augmenting antiproton supplies with an in-orbit generator
should be investigated in more detail.

The system design should be refined.
o

The integrated propulsion system needs to be flushed out to determine if
transferring the particles to another vehicle for use is required.

o

The relative value of intrinsic radiation shielding should be quantified.

Precursor and flight system concepts should be explored in more detail
o

o
•

The development program will progress through the following sequence


Analytical modeling



Detailed modeling



Experimental ground based verification



Science verification by piggybacking on other missions



Proof of concept LEO flights



Flight system development

Probable flight opportunities should be investigated.

A more detailed look at the technology development requirements should be completed.
o

This, along with risk estimates should be used to refine the feasibility estimates.

o

Identifying key development elements that are common to other exploration or
science missions is essential to maximize the probability of success. In particular,
identifying other high value science objectives (e.g. the search for dark matter) that
share similar science goals should be emphasized to maximize the return on
investment for potential experiments and flight opportunities.

53

C H A P T E R 1 0 – I N T E G R A T E D S U M M A RY A N D C O N C L U S I O N S

The following section combines the summary points from each chapter and lists the major
conclusions derived from the phase I work.
BACKGROUND

•

•

•

•

Antimatter has an energy density more than ten orders of magnitude higher than the
best chemical propellants currently used in rocket systems.
o

Very small quantities (nanograms to micrograms) of antiprotons can be used to
catalyze nuclear reactions and enable very aggressive interplanetary or precursor interstellar exploration not possible with conventional systems.

o

Antimatter also offers revolutionary potential in a variety of other Earth based
applications including sensing, medical treatment, and basic science research.

The fundamental stumbling block preventing the realization of this potential is the
extreme difficulty (and cost) associated with manufacturing and then storing the
antiprotons for extended periods of time.
o

Particle accelerator production currently is limited to a few nanograms per year
worldwide and is mostly dedicated to science research.

o

The cost of production is estimated to be upwards of $160 trillion per gram.

o

The current state of the art antiproton storage systems can only trap
femtograms of antiprotons for days to weeks at a time. It is unclear if it is
possible or how efficiently this could be scaled up to the levels needed for
space propulsion. The specific mass of the current systems is more than a
billion kilograms per microgram stored which implies limited feasibility for
transporting the devices to orbit.

In contrast, high energy cosmic rays which originate from outside our solar system
constantly generate antiprotons when their kinetic energy is converted to mass during
high energy collisions with other particles.
o

Interactions in the interstellar medium create a low flux source of antiprotons
that continuously impinges on planetary magnetospheres.

o

The interaction of cosmic rays with the atmosphere of a planet, or other targets
such as rings, can create natural supplies of antiprotons that become trapped in
the radiation belts surrounding the planet.

A large dipole magnetic field can be advantageously applied to collect the concentrated
antiprotons from their natural environment offering the potential for a nearly limitless
supply of antiprotons without the difficulties of Earth based production and storage.
o

A spacecraft surrounded by a ring of superconducting wire can be used to
induce the required magnetic field for the scoop.

o

The mini-magnetosphere generated around the spacecraft can also be used to
store the antiprotons for later use.

o

The magnetic field also offers an intrinsic shield against space radiation and can
possibly be applied to assist in the propulsion system by directing the charged
particle sources and thrust.
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LOCAL EARTH PRODUCTION AND TRAPPING

•

•

•

Trapped antiprotons come from two primary sources which both originate from high
energy galactic cosmic rays interacting with the upper atmosphere.
o

Pair produced anti-neutrons in the atmosphere are subsequently backscattered
and decay into antiprotons while in the magnetosphere. (CRANbarD)

o

Antiprotons are directly generated via pair production in the exosphere with a
peak at an altitude of about 1200 km (L=1.2).

The total steady state trapped supply is estimated to be between 0.25 and 15 nanograms
based on preliminary calculations.
o

The low end estimates for the total supply are not practical and the high end
estimates are marginal for space propulsion applications.

o

This is much less than originally predicted due to the high energies and narrow
angular distribution of the pair produced antineutrons.

o

Inefficiencies in the backscatter process reduce the magnitude of the albedo
antineutron flux to be less efficient than the analogous neutron process by 1
part in 105 to 109.

o

The generation of antineutrons generated by cosmic rays striking the
atmosphere at a narrow slant angle is not included in these estimates. Since
these antineutrons do not need to be backscattered to enter the magnetosphere
trapping region, this could represent a significant additional source of
antiprotons.

o

We have conservatively assumed the 0.25 nanogram worst case prediction for
all remaining calculations including extrapolations to the outer planets.

The overall replenishment rate timescale is on the order of several years.
JOVIAN EXTRAPOLATIONS

•

The rings of Saturn are the largest source of locally generated antiprotons in the solar
system. Nearly a half milligram of antiprotons are trapped based on the coarse
engineering extrapolations.
o

•

The fluxes are primarily formed by the decay of ring produced antineutrons in
the magnetosphere. Antineutrons generated in the A&B rings do not have to
be backscattered for trapping which drastically increases the production
efficiency.

Jupiter has a smaller trapped supply of antiprotons than originally anticipated due to the
cutoff of the GCR production spectrum by its large magnetic field.
o

Approximately 1 μgm of antiprotons are spread throughout Jupiter’s
magnetosphere.

55

•

Saturn and Jupiter both have relatively large supplies of antiprotons relative to that
needed for selected propulsive concepts which utilize antiprotons to catalyze nuclear
reactions. The disadvantage is that a spacecraft must first be sent there to collect the
antiparticles.
o

•

Though Earth has a relatively small antiproton supply in terms of very high
delta-v missions, the supply is likely large enough to enable a bootstrap mission
where a spacecraft first stops in Earth orbit for a partial ‘fuel up’ and then
travels to Saturn to extract most of the fuel for an interstellar precursor
mission.

The estimates are all based on extrapolations of conservative Earth supply estimates. A
complete model of the Jovian radiation belts will be required to more accurately
determine the true fluxes and integrated mass.
POSITRONS

•

Positrons generated as a result of the proton belt interacting with the upper atmosphere
produce fluxes where the number of positrons exceeds the number of electrons.

•

Solar positrons generated near the surface of the Sun have been experimentally
observed. It is unclear how many if any of these make their way to Earth where they
can be trapped in the magnetosphere.

•

Significant fluxes of positrons may exist, though the exact magnitude is still uncertain. A
quasi-static supply < 1 μgm is most likely.
GCR FOCUSING

•

Simulations of the motion of charged GCR particles traversing a planetary magnetic
field were completed to determine the relative level of flux concentration provided by
the global field.

•

Above the poles of the Earth, the flux was concentrated by approximately a half order
of magnitude relative to the GCR background flux.
o

A spacecraft placed in an orbit to take advantage of this would also pass
through the forbidden regions during its equatorial pass. This would reduce
the total integrated flux unless antiprotons trapped in the radiation belts were
present in the equatorial areas.

•

Jupiter provides a similar type of flux enhancement with the local flux over the poles
approximately one and one half orders of magnitude higher than the background level.

•

Transient GCR antiprotons passing the equatorial region are preferentially biased to a
relatively narrow and small pitch angle. This could improve collection performance
significantly.
OTHER NATURAL ANTIPROTON SOURCES

•

Transient antiprotons in the GCR background which are slightly degraded in energy
could possibly form a quasi-stable radiation belt near the Earth which would be
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replenished very quickly (minutes). Though this is unlikely to occur consistently due to
natural phenomena, it could possibly be induced artificially.
•

Antiprotons generated by the interaction of galactic cosmic rays with the tail of a comet
could produce transient fluxes larger than the GCR background. The generated
antiprotons could then be efficiently captured for subsequent use. This should be
studied in more detail to determine feasibility.

•

Artificially generating antiprotons in magnetospheres (natural or otherwise) would be
very valuable and efficient. By effectively locating the particle accelerator within the
magnetic ‘bubble’, the system can produce and trap antiparticles with high efficiency
which can then be used for propulsion. Leveraging the development of a space qualified
nuclear reactor (Project Prometheus) or 100 kWe solar arrays would enable ~10+ μgm
to be collected in orbit per year.
COLLECTION SYSTEM

•

•

A magnetic scoop can be used to concentrate charged particles for eventual extraction.
o

Loops of high temperature superconducting wire produce the desired magnetic
dipole.

o

Particles spiral along the magnetic field lines towards the throat of the collector.

o

As the particles approach the throat, electric fields, RF fields, and/or an energy
degrader (mass) can be used to trap the incident particles on closed field lines
where they can be stored for future use.

Performance efficiency is fundamentally limited by two effects with the actual collection
rate equal to the worst case of the two.
o

Magnetic reflection causes particles to be mirrored out of the device before
being captured near the throat. It is functionally dependent upon the initial
angle of incidence of the particle and the magnitude of the magnetic field at the
throat relative to ambient.

o

Particles in the ambient magnetic field that have a gyro radius larger than the
collector dimensions will not be captured. This effect is functionally dependent
upon the angle of incidence, particle energy, ambient magnetic field, and the
spatial extent of the collector.

•

Kilometer scale loops with very high effective currents are capable of influencing
particle trajectories over a radius of hundreds to thousands of kilometers. The
acceptance angle is relatively narrow, often much less than one degree.

•

Despite the low relative efficiency, such systems are still capable of collecting hundreds
of micrograms of antiprotons per year in the worst case GCR background flux.

•

o

Collecting particles with much lower energies and higher fluxes (radiation belts)
will improve collection efficiency and rates substantially.

o

Radiation belt extraction is limited by the total available supply and
replenishment rate.

A high power source is required to initially generate the large currents in the loop over a
reasonable period of time.
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•

Passive thermal cooling should be used to keep the coils at super-conducting
temperatures.
o

•

MLI insulation will be required for spacecraft operating within Jupiter’s orbit.

The current loop will naturally want to self-align with the ambient magnetic field which
is the desired configuration for collection.
CONCLUSIONS AND RECOMMENDATIONS

•

Earth has a minimal (0.25 - 15 ng) trapped supply of antiprotons. This is replenished over a
period of several years. The low level is due to inefficiencies in backscattering albedo
antineutrons from the atmosphere. Significant fluxes of positrons may exist, though a quasistatic supply < 1 μg is most likely.

•

Saturn has the largest trapped antiproton supply in the Solar System (estimated at ~400 μg)
due to high antineutron production from GCR interactions with its ring system. The flux of
transient antiprotons produced in the ring system is also predicted to be significant.

•

The antiparticle estimates are based on approximate extrapolations. Full radiation belt
models should be completed for the Earth and Jovian planets. This will include detailed
radiation transport analyses to precisely quantify the source and loss terms.

•

High energy (GeV) antiprotons in the natural Galactic Cosmic Ray (GCR) background are
very tenuous but are partially concentrated by planetary magnetic fields. Though not as
desirable as collecting them from stable radiation belt supplies (MeV), extraction from the
GCR background is also feasible.

•

Local transient antiproton fluxes from planetary rings (Saturn), comet tails, and other
phenomena may significantly exceed background GCR fluxes.

•

Though Earth has a relatively small antiproton supply in terms of very high delta-v missions,
the total content is enough to enable a bootstrap mission where a spacecraft first stops in
Earth orbit for a partial ‘fuel up’ and then travels to Saturn to extract most of the fuel for the
full mission. Antiprotons from the GCR background can be collected during transit.

•

A magnetic funnel formed from passively cooled high temperature superconducting loops
can be used to collect significant quantities of antiprotons from low GCR background levels
or in regions of high intensity local production (Saturn). However, significant improvements
in superconductor performance will be required before this is practical at a large scale.

•

A magnetic bottle formed from the same superconducting loops can be used to safely store
antiprotons for long periods of time. Particles and antiparticles at various energies can
coexist in the same device since the large trapped volume (km3 or more) and natural vacuum
afforded by the space environment minimizes losses.

•

Artificially generating antiprotons in magnetospheres (natural or otherwise) would be very
valuable and efficient. By effectively locating the particle accelerator within the magnetic
‘bubble’, the system can produce and trap antiparticles within high efficiency which can then
be used for propulsion. Leveraging the development of a space qualified nuclear reactor
(Project Prometheus) or 100 kWe solar array would enable ~10+ μgm to be collected in
orbit per year.
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A P P E N D I X A – L A B F R A M E T H R E S H O L D A N T I P ROTO N
P RO D U C T I O N K I N E M A T I C S

The following appendix derives the formula for the kinetic energy required in the lab frame for
antiproton production just at threshold.
The collision is assumed to be a high-energy proton
striking an atomic nucleus. The reaction can be symbolized as follows:

p+ A→ p+ A+ p+ p

Equation 28

with

p = proton,
A = atomic nucleus, and
p = antiproton.
Note that we have an extra proton on the right hand side since we need to conserve baryon
number.
There are two useful frames for describing this reaction. One of them is the lab frame (target at
rest) and the other is the center of mass frame where the total momentum is identically zero. Just at
threshold the production of antiprotons can be easily illustrated in both frames with the use of the
following scattering diagrams shown in Figure 43 below.

Figure 43 - Scattering diagrams for antiproton creation just at threshold. The left panel illustrates the reaction in the
laboratory frame (target at rest) and the right panel illustrates the reaction in the center of mass frame from where at
threshold the final particles are at rest.
We seek to derive a formula for the threshold kinetic energy in the lab frame for antiproton
production. Clearly in the center-of-mass frame the threshold kinetic energy is simply 2m where m is
the mass of a proton. However, in the lab frame more energy is needed since the final particles
emerge with finite momentum. To derive the general formula it is convenient to express momentum
and energy conservation using the 4-momentum notation of Einstein.
Conservation of 4momentum then gives the following expression in the lab and center-of-mass frames.
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lab
lab
lab
Pplab + PAlab = Pplab
' + PA ' + Pp '' + Pp

Ppcm + PAcm = Ppcm' + PAcm' + Ppcm'' + Ppcm

Lab–Frame

CM–Frame

Equation 29

Equation 30

Now here’s a trick. The lab frame and CM frame are related by a Lorentz transformation Λ.
This transformation is used this to connect the lab and CM frame and is expressed as follows:

Pplab + PAlab = Λ ( Ppcm + PAcm )

Equation 31

The trick occurs when taking the square of both sides since the Lorentz factor become unity, and
therefore we don’t actually need to know what it is, and leads to the equality:

( Pplab + PAlab ) 2 = ( Ppcm + PAcm ) 2 .

Equation 32

Using equation 30 we can then rewrite equation 32 as follows:

( Pplab + PAlab ) 2 = ( Ppcm' + PAcm' + Ppcm'' + Ppcm ) 2 .

Equation 33

We are almost there... Using equation 33 we can easily evaluate the Lorentz invariant length for
the right hand side of the equation since by definition just at threshold in the CM frame the final
particles are all at rest. Therefore in the center of mass frame, just at the antiproton production
threshold, the final state particle 4-momenta are:

r
Ppcm' = (m,0)
r
PAcm' = ( Am,0)
r
Ppcm'' = (m,0)
r
Ppcm = (m,0)
The resultant 4-momentum vector for the right hand side then becomes

r
Ppcm' + PAcm' + Ppcm'' + Ppcm = ( Am + 3m,0)
2

2

whose square is simply (Am+3m) . Plugging this back into Equation 6 and factoring out the m term
we then obtain:

( Pplab + PAlab ) 2 = m 2 ( A + 3) 2 .

Equation 34

Completing the square of the left hand side of Equation 34 we then obtain the relation:

( Pplab ) 2 + 2 Pplab PAlab + ( PAlab ) 2 = m 2 ( A + 3) 2 .
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Equation 35

We can now further reduce the left hand side of the equation using the following expressions for
the 4-momentum vectors in the lab frame
lab r lab
Pplab = (m + K thr
, pp )
r
PAlab = ( Am,0)
(target at rest)

and the fact that

( Pplab ) 2 = m 2 .
Substituting these 4-momenta into equation 8 yields the following:
lab
m 2 + 2 Am(m + K thr
) + ( Am) 2 = m 2 ( A + 3) 2 .

Equation 36

Equation 36 can then be solved for the threshold kinetic energy to yield the formula for the labframe proton threshold kinetic energy required for antiproton production from a target of atomic
weight A:

4⎞
⎛
lab
K thr
= m⎜ 2 + ⎟ .
A⎠
⎝
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Equation 37

A P P E N D I X B – A T M O S P H E R E A N D C RO S S S E C T I O N M O D E L S

The following atmospheric models and annihilation cross sections were used to calculate loss
rates in the radiation belts. The number density for constituents of the Earth’s atmosphere as a
function of altitude and other parameters are given by the Mass-Spectrometer-Incoherent-Scatter
(MSIS) model [55]. Figure 45 shows values for typical atmospheric conditions.

Number Density (1/cm3)

Helium
Hydrogen
Oxygen
Nitrogen
N2
O2
Argon

Altitude (km)

Antiproton/Proton Cross Sections (mbarn)

Figure 45 – Atmospheric number density.

Annihilation
Total

Energy (GeV)

Figure 44 – Proton/antiproton interaction cross section.
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The cross sections for antiprotons interacting with protons are given by Tan et al. [56] and
are shown in Figure 44. Interactions with the atmospheric constituents are quantified with the
cross sections given by Letaw et al. [57] and are shown in Figure 46.

Antiproton Annihilation Cross (mbarn)

Proton
Helium
Nitrogen
Oxygen

Energy (GeV)

Figure 46 – Cross section for antiproton annihilation with the atmosphere.
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A P P E N D I X C – C H A R A C T E R I S T I C P H Y S I C A L M E C H A N I S M S F O R E N E RG E T I C
P ROTO N S U N D E R M A G N E T I C C O N F I N E M E N T I N T H E E A RT H ’ S E XO S P H E R E

Introduction:
With application to an ensemble of energetic charged particles in mind, we choose to define time
scales that are appropriate to the statistical behavior of the particles. Thus we begin with the
description of the distribution function f. In principle this distribution function can be written in
terms of the six free variables: spatial coordinates (e.g., Cartesian) and velocity component expressed
in those coordinates, forming a six-dimensional parameter space (x, y, z; vx, vy, vz). It is customary
to perform a Jacobian transformation to a suitable parameter space where the particle dynamics is
advantageously described: the so-called adiabatic-invariant space.
Thus one expresses the distribution function in terms of the three adiabatic invariants, μ, J and
Φ as traditionally defined (e. g., Schulz and Lanzerotti, 1974; Spjeldvik and Rothwell, 1986), μ
being the gyration invariant (related to the particle magnetic moment), J the bounce invariant (related
to the particle energy along the B-field), and Φ the azimuthal drift-invariant (related to the
geomagnetic L-shell parameter). Let us denote the charged particle’s local pitch angle (the angle
between the instantaneous velocity vector and the local magnetic field vector) as α.

Useful Coordinates:
By the mirror equation (e.g., Roederer, 1970):
sin α / B = sin α0 / B0 = 1 / Bm

Equation 38

the local pitch angle, α, is related to its value, α0, when the particle crosses (or is located on) the
magnetic equatorial plane. The value of the local pitch angle α = π/2 (so that sin α = 1) occurs at
the mirror-points (where B = Bm). Except near the dayside magnetopause region (typically around
L=10) where the geomagnetic field is very compressed, all energetic charged particles cross the
magnetic equator during bounce-motion every half-bounce time, τb.
In the dipolar magnetic field approximation to the real geomagnetic field (approximately
valid, as an idealization, in the L=1.1-6.6 region), one can express the geomagnetic field induction
magnitude as:
B = (BE/L3) (4 - 3 cos2 λ) / cos6 λ

Equation 39

where BE ~ 0.312 gauss is the Earth’s magnetic induction value at the longitudinally averaged
magnetic equator on the surface of the Earth, and λ is geomagnetic dipole-latitude. In this notation,
subscript-0 on the various quantities denote those quantities’ values at λ = 0 degrees (i. e., on the
magnetic equator).
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For a given equatorial pitch angle, α0, the corresponding mirror-latitude, λ=λm (in the dipole
approximation) is given by:
sin α0 / B0 = 1 / Bm = (L3/BE) cos6 λm / (4 - 3 cos2 λm)
and thus λm is a function of both α0 and L.
relationship is readily obtained.

Equation 40

This equation is transcendental, but a numerical

Proton transport equation:
Radiation belt theory leads to a formulation of an equation for the transport (by diffusion) of the
energetic protons based on stochastic fluctuations of the geomagnetic and geoelectric fields.
Empirically the geoelectric field variability is important for thermal and suprathermal plasma, and for
energetic particles up to so-called “ring-current” energies (i.e., below several tens of keV per particle),
while the geomagnetic field variability appear to control the diffusive transport of the more energetic
particles (above a few keV). Thus there is an overlapping energy range where both types of
fluctuating fields co-influence particle transport.
For equatorially mirroring protons (λ = λm = 0; α = α0 = π/2) one can write the energetic
proton diffusive transport equation in the form:
(∂f/∂t) = S + L2 (∂/∂L) [L-2 DLL (∂f/∂L)] + (∂f/∂μ) (∂μ/∂t) – ◊ f

Equation 41

where S = S(L,E,α0=π/2) denotes the strength of an internal proton source (such as the CRAND
process), DLL = DLL(L,E,α0=π/2) denotes the radial diffusion coefficient (which depends on the
combined B- and E-field fluctuations statistics), and ◊ = ◊(L,E,α0=π/2) is the charge exchange loss
frequency per unit distribution function.
Here, the factor (∂μ/∂t) is akin to energy degradation, as described by Rossi and Olbert
(1970) (on pp. 219-222): (∂μ/∂t) = (∂μ/∂E) (∂E/∂t) where μ=Esin2α0/B so that
(∂μ/∂E) = Esin2α0/B and for equatorially mirroring particles: (∂μ/∂E )= 1/B0

Characteristic Time Scales:
One can define characteristic time scale based on each of the physical processes that control the
distribution function, f:
1. Overall evolution time scale for the distribution of energetic protons as a whole:

τOVERALL = f / (∂f/∂t)

Equation 42

2. Source time scale for any effective internal source (such as CRAND):

τSOURCE = f / S(L,E,α0=π/2)
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Equation 43

3. Without a priori knowledge of the distribution functions themselves, radial diffusive
transport time scale for radial distribution spread can be statistically defined from the
form of the diffusion coefficient:
DLL = (1/2) <(ΔL)2> / (τDIFFUSE)

Equation 44

where <(ΔL)2> denotes the ensemble-average of the shifts in L-shell location, ΔL, that
arise from the influence of the fluctuating geoelectric and geomagnetic fields. From this
we a-priori to any f-determination extract an approximate value of the diffusion time
scale by considering the time it takes for the mean-square spreading to equal one unit Lshell:

τDIFFUSE = 1 / [2 DLL(L,E,α0=π/2)]

Equation 45

Of course, a more accurate time scale determination must also take into account the
energetic proton distribution, f, itself also:

τDIFFUSE = f / {L2

∂/∂L [ L-2 DLL(L,E,α0=π/2) (∂f/∂L)] }

Equation 46

4. Proton losses by charge exchange that neutralizes the energetic particle (or in principle
any other instantly acting loss mechanism) can be expressed by the probability that such
a process takes place, as quantified by the interaction cross section: τLOSS, the speed of
the energetic proton with respect to the (near stationary) neutral atom of the exosphere:
◊ ~ 1/ τLOSS

Equation 47

so that

τLOSS = [1 / (σLOSS v)] / <DENS>

Equation 48

where <DENS> is the energetic proton trajectory-averaged number density of the
exospheric neutral atoms under consideration (i.e., atomic hydrogen, helium, atomic
oxygen, molecular oxygen, etc).
5. Proton losses by (distant) Coulomb collisions is described by:

τCOUL = f / [(∂f/∂μ) (∂μ/∂t)].

Equation 49

This, however, is only the time scale for energy degradation by a factor of e=2.71…, and
so not the e-folding loss time for actual particle loss (i.e., it only describes phase space
transfer towards lower energies, or lower magnetic moments). Eventually, by being
reduced in energy by this “friction”, the protons (or any other particles species subject to
these distant electric force encounters) will be lost by other mechanisms (such as charge
exchange, etc…).
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A P P E N D I X D – S TÖ R M E R ’ S F O R B I D D E N R E G I O N S

The motion of a charged particle traversing a magnetic field is governed by the Lorentz force
which is given in Equation 3. This must be solved numerically to estimate the trajectory of a particle
in the magnetic field of a planet since there is no closed form solution which describes this motion.
However, in the first half of the last century, Carl Störmer managed to define an inner region in
which cosmic rays are not able to penetrate due to the shielding properties of the planet’s magnetic
field. The boundary of this forbidden region is described by,

r forbidden =

M pq

cos 2 λ

m0 γv 1 + 1 + cos 3 λ

Equation 50

where Mp is the dipole moment of the planet, q is the particle charge, m.0 is the rest mass, γ is the
correction factor for relativistic particles, v is the particle’s velocity, and λ is the geomagnetic latitude.
Recent work by Kress et al [58] has shown interesting time variations in the cutoff as the result of
dynamic conditions in the magnetosphere as it responds to solar wind fluctuations.
Figure 47 shows the calculated cutoff locations as a function of latitude and planet radii for
idealized static magnetic fields around Earth, Jupiter, and Saturn. The cutoff for a 6 GeV proton
approaching the Earth is at approximately a 30 degree latitude. However, 20 GeV protons have full
access to the atmosphere at any latitude. In comparison, a 20 GeV proton approaching Jupiter is
cutoff below a latitude of 60 degrees and can only approach to about L=9.

Figure 47 – Störmer forbidden regions for Earth, Jupiter, and Saturn at various energies.
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A P P E N D I X E – T R A P S TA B I L I T Y

The challenges associated with plasma confinement are well studied due to its applicability to
fusion power. Rayleigh-Taylor, current driven, and drift instabilities contribute to losses though
various trap geometries and approaches have been proposed to minimize these effects. [59] Single
component antiparticle plasmas have traditionally been stored with Penning-Malmberg traps to
prevent annihilations with surrounding matter. [60] An axial magnetic field is used to confine the
particles radially while high potential electrodes contain axial motion. The positron storage density is
generally limited by space charge effects which are caused by Debye shielding of the confinement
potential. A 1000 V potential enables the storage of approximately 1010 positrons. In comparison,
the bound on antiproton confinement is generally associated with the Brillouin limit which describes
the maximum achievable density for which the Lorentz force provided by the magnetic field can
balance the repulsive and centrifugal forces generated by the rotating plasma. In a 1T magnetic field
the plasma density is limited to 109 1/cm3. The traditional Brillouin limit to trapping is not a major
factor in radiation belt plasmas due to the very large spatial extent of the dipole field trapping region.
Distributing one milligram of antiprotons through a cubic kilometer yields a number density of 105
1/cm3. Therefore, storage in dipole fields surrounding a space vehicle should not be limited by the
traditional factors that are a concern for Earth based traps.
The near dipole magnetic field of the Earth is very effective at trapping high energy charged
particles for extended periods of time. The transport and loss mechanisms detailed in Appendix C
can be solved to calculate the residence time which can be measured in years. However, in the
absence of magnetic fluctuations which induce radial diffusion across L shells and losses from
interactions with the atmosphere at lower altitudes, the particle lifetime could effectively be
considered infinite for very low density plasmas with minimal pitch angle scattering (long interaction
lengths).
This stable trapping scenario can be closely approximated by an artificial magnetosphere
surrounding a spacecraft. Much like the terrestrial radiation belts, the particles are trapped on closed
field lines within the forbidden region (Appendix D) of the dipole. However, long term stable
trapping relies on consistently conserving the adiabatic invariants. For instance, radial diffusion is the
result of solar induced dynamic effects in the magnetosphere which can cause the invariants to be
violated. The alfvén criterion describes the limit of stable trapping based on the conservation of the
first adiabatic invariant. [61] Hudson et al. [62] describes particle stability limits in the Earth’s
magnetosphere as it reacts to dynamic changes introduced by magnetic storms based on related
adiabatic parameters.
Violating one of the adiabatic invariants leads to instabilities and chaotic motion. In particular, if
the radius of gyration is very large relative to the scale of the field, the magnetic field seen by the
particle is not constant through its periodic gyration motion and the first invariant is violated. This
eventually allows the particle to escape and effectively limits what could be considered stably trapped.
The trapped particles can be considered to be trapped forever until the gyration radius begins to
approach the radius of curvature for the field line about which it is gyrating. [32] Equation 5 defines
the radius of gyration which is shown in Figure 48 as a function of the ambient field strength for
several proton and electron energies.
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Figure 48 – Radius of gyration as a function of magnetic field strength for several cases.
For a simple dipole, the radial location of a given field line with r = R0 near the equator is,

r = R0 sin 2 (θ )

Equation 51

In polar coordinates, the radius of curvature is given by,

RC =

(r

2

+ rθ2

)

3

2

r 2 + 2rθ2 − rrθθ

Equation 52

where rθ=dr/dθ. [63] Differentiating Equation 51 and applying it to Equation 52 yields an expression
for the radius of curvature which is functionally dependent upon the latitude but remains constant
when normalized by L shell. In the trapping region the minimum radius of curvature occurs at the
equator with a value equal to R0/3 or L/3 in a dipole field.
Pugacheva’s criteria [32] for long term stability assumes that the gyration radius must be less than
10% of the radius of curvature for the field line on which it resides. Based on this, stable trapping
occurs when,

L
p
> 10
3
Bq

Equation 53

The maximum extent of the stable trapping region can be solved for the Earth or artificially
generated dipole using the above relation. Figure 49 shows the estimated values for the Earth,
Jupiter, and several dipole field strengths. Strictly speaking, the radius of curvature calculations is for
the far field. Therefore as the radius begins to approach the coil radius, the solution needs to be
modified to account for near field modifications to the field geometry. A more formal treatment of
the trap stability limits due to the adiabatic stability criterion is presented by Northrop [64], Schulz
[65], and Chirikov [66].
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Figure 49 – Maximum trapping region for antiprotons.
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A P P E N D I X F – PA RT I C L E A DVA N C E M E N T A N D E R RO R C O N T RO L

The motion of a charged particle, such as an antiproton, in the presence of magnetic and electric
fields which make up the magnetosphere of a planet is governed by forces described the Lorentz
equation. The geomagnetic field through which it is transported can vary as a function of both
position and time. Ultimately, the path of the particle with a given charge (q) and mass (m0) based on
a arbitrary set of initial spatial (xo,yo,zo) and velocity conditions (uo,vo,wo) needs to be determined.
This simulation of these trajectories can eventually be applied to a large scale Monte Carlo analysis to
simulate the interaction of cosmic rays with the Earth’s magnetic field.
The equations describing the physics of this motion can be represented with a system of six first
order differential equations. The six derivatives of the particle’s position,

r
ds r
=V ,
dt

Equation 54

and relativistic momentum,

r
r r r
dp
= qV ×B+E
dt

(

).

Equation 55

can be represented as,

dx
=u
dt

,

Equation 56

dy
=v
dt

,

Equation 57

dz
= w,
dt

Equation 58

⎛ u 2 + v 2 + w2
q 1− ⎜
⎜
c
du
⎝
=
dt
m0
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⎞
⎟
⎟
⎠

2

(v ⋅ B

z

− w ⋅ By ) ,

Equation 59

2

⎛ u 2 + v 2 + w2
q 1− ⎜
⎜
c
dv
⎝
=
dt
m0

⎞
⎟
⎟
⎠

⎛ u 2 + v 2 + w2
q 1− ⎜
⎜
c
dw
⎝
=
dt
m0

⎞
⎟
⎟
⎠

(w ⋅ Bx − u ⋅ Bz ) ,

Equation 60

2

(u ⋅ B

y

− v ⋅ Bx ) ,

Equation 61

in scalar representation since,

r
r
p = m0γV ,

Equation 62

where the relativistic correction factor,

γ=

1

(1 − β )
2

1

=

( )

⎛⎜1 − V 2 ⎞⎟
c ⎠
⎝

.

Equation 63

As a first pass, the Earth’s magnetosphere can be represented as a static magnetic dipole with no
electric field. A simple dipole model of the Earth in spherical coordinates is,
3

⎛R ⎞
Br = −2 B0 ⎜ earth ⎟ cos(θ )
⎝ r ⎠

Equation 64

3

⎛R ⎞
Bθ = − B0 ⎜ earth ⎟ sin(θ )
⎝ r ⎠

Equation 65

or

Bx =

3⋅ x ⋅ z ⋅ M

( x +y +z )
2

2
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2

5

Equation 66

By =

⎛
Bz = ⎜⎜
⎜
⎝

3⋅ y ⋅ z ⋅ M

( x +y +z )
2

2

3⋅ z2

( x +y +z )
2

2

2

2

⎞
− 1⎟⎟
⎟
⎠

5

2

Equation 67

M

( x +y +z )
2

2

2

3 .

Equation 68

in Cartesian coordinates where M is the magnetic moment of the Earth (-7.84x1015 Tm3). These
equations can be readily solved with a high order Runge-Kutta algorithm. A simulation environment
to study the motion of the antiprotons was developed in matlab for this purpose. Though various
solvers were evaluated, most simulations used an explicit Runge-Kutta 5th order formulation based
on the Dorman-Prince pair [45] or a variable order Adams-Bashforth-Moulton solver [46]. The initial
models for the planet used a static dipole field model of the magnetosphere with no electric field
present though a more detailed magnetosphere model could be included if so desired. However, a
simple dipole field can quite accurately represent the inner field region of a magnetosphere with
minimal computational overhead.
The particle advancement algorithms provide variable time step capabilities and error tolerance
control. These are very important features to minimize the computational requirements which allow
us to maximize the number of trajectories studied in the Monte Carlo analysis. Utilizing variable
time steps during the solution allows the algorithm to quickly process portions of the trajectory
where there is little change in the vector momentum. Automatic error control enables the time step
to be chosen to minimize the computational burden for a desired level of accuracy. Care must be
taken however, since minor errors can quickly propagate as demonstrated in Figure 50.

Z Position
(Earth Radii)

TOL = 1E-3

t0

Major deviation between
forward and backwards
time propagation begins

Position Error

tf
Figure 50 – Particle trajectory error due to low tolerances and error propagation.
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X Position
(Earth Radii)

The accuracy of the transport code was first validated semi-quantitatively against rigidity cutoff
limits. A study was subsequently initiated to determine the required level of computational accuracy
to maximize the number of trajectories calculated per unit time while preventing major errors such as
the one shown in the previous figure. The two charts in Figure 51 show the distribution of position
errors at two error tolerance levels. The errors are quantified by first calculating the forward
trajectory and then recalculating the trajectory of a particle with a negative charge propagating from
the final position with reversed momentum values of the final point on the initial trajectory. After
the equivalent time span, the final position of the second trajectory is compared to the initial position
of the first trajectory. The difference is the error shown.

Fast computationally

Slow computationally

Large errors (like above)
with some low probability

No major position
errors beyond ~120km

Figure 51 – Probability density function for ODE integration errors.
When many random trajectories are compared, the majority of the errors are 20 km or less,
which is extremely small given the overall scale of the magnetosphere under consideration.
However, a small subset of the long lived trajectories can experience large deviations like the one
shown in Figure 50. However, this can be avoided by using a tighter error tolerance. Though this is
computationally slower by a significant factor, it avoids the erroneous results such as the one shown.
Despite the slowdown from the tighter error control, a moderately powerful desktop computer from
today can calculate, in a very short period of time, what would have taken Carl Störmer’s graduate
students decades by hand in the first half of the last century.
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